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«Husicenep, ne ymerouwguii uepmuma,
no000eH nucameinio, He yMeEIOUWEMy RUCANbY.

A.H. Tynones

BBenenue

OTnu4uTeNnbHOM 0COOEHHOCTHIO YCKOPSIIOIIErOCs HayYHO-TEXHUYECKOT0 Iporpecca sBiseT-
Csl HKCIIOHEHIMAIBHBIN POCT 00beMa HaydHO-TeXHUUecKo nHpopmarun. Hanbonee 3¢ hekTuBHBI-
MU CpeACTBaMH Iiepefayr MH(pOpMAIUK SBISIOTCS BU3yalbHbIC. 3HAHHE STHX CPEICTB, YMECHHE
UMH TI0JIb30BaThCSI — COCTABJISIOIINE TpaUyecKOld TPaMOTHOCTH, OCHOBBI KOTOPOW B BBICIIEH
LIKOJIE 3aKJIaJIbIBAIOTCS MIPU U3yueHUH Kypca «HauepraTenbHasi reoMeTpusi».

Cnenyer ormeTrutb, uto «HaueprarenbHas reoMeTpus» BKIIOYEHA B YUCIIO 00s13aTEJIbHBIX
JUCLMIUIMH BEAYLIUX TEXHUUYECKUX BY30B Mupa. M cBA3aHO 3TO, MPEX]e BCEro, C TEM, YTO OHA KakK
HUKaKas Jpyras JUCLUIUIMHA Pa3BUBAET JIOTUYECKOE KOHCTPYKTUBHO-TEOMETPUUECKOE MBIIIIIEHHE,
IIPOCTPAHCTBEHHOE IPEJICTABICHUE U BOOOPAKEHUE, a TAKXKE CIIOCOOHOCTh K aHAJIU3y U CUHTE3Y
MPOCTPAHCTBEHHBIX (POPM.

OcHoBHas 3aaua HA4ePTATEIbHON T€OMETPHH — M3YYEeHHE BU3YalIbHO-0OPa3HOTO IeoMeT-
PUYECKOI0O fA3bIKA U TEXHOJIOTMU €ro peanu3auuu. OHa SIBISETCS YHUKAJIbHBIM TEXHUYECKUM SI3bl-
KOM, HH()OPMATUBHOCTh KOTOPOTO HACTOJIBKO BEJIMKA, YTO 3aMEHHUTh €r0 JPYTUM MPaKTUUECKU He-
BO3MOXXHO. PoJIb €€ B MOArOTOBKE CIEUAINCTOB U PELIEHUH NPUKIIAIHBIX 337a4 BO3pacTaeT B CBS-
3M C HEOOXOIUMOCTHIO MOBBIICHUS 3((HEKTUBHOCTH TPyAa KOHCTPYKTOPA.

OCHOBOITOJIOXKHUKOM 3TOH Trpaduyeckoil Hayku ObUT BbIIAIOLIUICS (DpaHIy3CKUil MaTema-
TUK U uHxkeHep ['acnap Mownx, kotopslil B 1799 roay usznan cBoi KjiacCUUECKUN TPy MOJ Ha3Ba-
nuem «Geometric descriptive» — «HaueprarenbHas reomeTpus». OCHOBHBIC TIOJOXKEHUS 3TOW KHU-
I'Yl HE yTPaTHJIM CBOETO 3HAUYEHUS U CETO/IHS.

I'. Monx aan 40CTaTOYHO YETKOE ONpe/IesIeHNe Ha3HAUeHNs HauepTaTeIbHON T€OMETPUH, €€
MpUKIagHOro 3HaueHusl. OH OTMeyYall, YTO HauepTaTeabHasi FeOMETPHs JaeT BO3MOXKHOCTh pelliaTh
3aJla4d C MPOCTPAHCTBEHHBIMH (TPEXMEpPHBIMH) OOBEKTaMH MOCPEACTBOM IpauuecKux Mmocrpoe-
HUM, BBIMOJHSIEMBIX Ha IJIOCKOM YepTexe, UMEIOIIeM TOJIbKO J1Ba m3MepeHus. HauepratenbHas
reOMEeTpPHUsI YUUT HAC, BO-TIEPBBIX, CTPOUTH U TOHUMATh TEXHUYECKHE YEPTEKH, BO-BTOPHIX, U3Y4aTh
0 YePTEXKy reOMeTpUUECKHUE CBOICTBA U300pakaeMbIX IPEIMETOB, UX POPMY, pa3Mephl.

Ucxons u3 storo, I'. MoHxX cripaBeasinBO CUUTAN, UTO YEPHIEHC — IMO «A3bIK MEXHUKU).
Bbonee Toro, mo ero MHEHHUIO, HauepTaTeIbHAs T€OMETPUS aKTUBHO Pa3BHUBAET MHTEIJIEKTyaJbHbIE
CIOCOOHOCTH JIIOJIEW U TEM CaMbIM CO3JaeT BO3MOXKHOCTh «COBEPUICHCTBOBAHMS pOJa YeIoBeYe-
CKOTO».

C MomnxeM coluJapHbl 1 MHOTHE OTE€UECTBEHHBIE YUEHbIE U KOHCTPYKTOPHL. B ux uncrie us-
BeCTHBIN pycckuil reometp B.M. KyparomMoB, KOTOpEIil roBopui, 4To eciu, no crosam Mownoica,
cuumameo yepmedrnc A3blKOM MEXHUKU, MO HAYEPMAMEIbHAA 260MEMPUA AGIACHICA ZPAMMAM U-
KOll 2mo20 A3bIKA.



Yci0BHBIE 0003HAYEHUSI T€OMETPUYECKUX 00bEKTOB

1. TlmockocTy MPOEKITUA:

1, — ropusoHTaNIbHAS IIOCKOCTD MPOCKIIMIA;
IT, — ¢pponTanbHas MIOCKOCTD MPOCKIINIA;
I'T; — npodunbHas mI0CKOCTH MPOCKIIHIL.

2. Touku — mpomucHbIe OyKBBI JATHHCKOTO andaBuTa Wi apabckue mudpbl (MIPOMEKYTOUHBIC
toukn): A, B, C...wm [, 2, 3...
3. Ilpoekmuu Touek:
A1, By, Cy...11, 21, 31... — TOPU3OHTAJIBHBIE MPOEKIIMH TOYEK;
Az, By, Cy...12, 25, 35... — GpOHTAIbHBIC TPOCKIIUU TOUEK;
As, B3, Cs...13, 23, 33... — IpoHIIbHBIC TTPOCKITUN TOYCK.
4. Tlpsimbie — cTpouHble OYKBBI JATUHCKOTO ajidasuTa: a, b, C...
[Mpsimbie, npoxopsinue yepes Touku 4 u B, 1 u 2: (4-B), (1-2).
5. IIpoekuuu npsAMBbIX:
ai, by, C1..., (41-B1), (11-21) — rOpHU30HTAIBHBIE IPOCKIUH ITPSIMBIX;
az, by, Co..., (A2-Bs), (12-22) — ppoHTANBHbIE IPOCKIUH MTPSIMBIX;
as, bs, Cs..., (43-B3), (13-23) — npoduIbHBIE IPOSKIIUH IIPSAMBIX.
6. Otpe3ku NpsAMbIX, orpanndeHHbIX Toukamu: [AB], [CD/ ...
7. Jyua ¢ HayasioM B Touke A: [A-B).
8. JInHnm ypoBHs:
h — ropusoHTaIBHAS TIPSIMA;
f — dbponTaBHAS TIpsIMast;
p — npoduIbHas TIpsMasl.

9. [InmockocTu — nponucHbie OyKBHI Tpeueckoro andasuta: @, 2, ¥...
10. Cnenpl mIocKoCTeN:

6O, 21, ¥...— TOPU3OHTAIIbHBIN;

6y, 25, ¥,...— QpOHTATBHBIN;

64, 33, ¥;. — npoduIbHBIN.
11. PaccTosinus:

/AB/ — mexny Toukamu A u B;

/a, b/ — mexny mapasuieIbHBIME MIPSIMBIME & | D]

14, ¥l — Mex Ty TOUKO# A ¥ IJIOCKOCThIO ¥,

1%,0 — mexny mapamieabHBIMH IIOCKOCTSIMHU.

12. Yrub1 — cTpounble OYKBBI rpedeckoro andasura: @, f, 7...
13. BenuuuHa yria:

A A
IABC/,/AB ; BC/ - c Bepmunoii B Touxe B;
/a ; bl — mexay nepecexaloIUMUCS TIPIMBIMH;

VAN
12 O — Mex Ty epeceKaroIMMICs TITOCKOCTAMH.



Tabmuna 1

CuMBOJIbI B3aMMOPACIIOJIOKEHHUS TeOMETPHYECKUX 00bEKTOB

H JOTHYECCKHUX onepaunﬁ

O0o3HaueHME

CMBICIIOBOE 3HAUYEHNE

IIpumep CUMBOJINYECKON 3aIUCH

croco0 3agaHusl TeoMeTpuye-
CKOTO OOBEKTa B MPOCTpaH-
CTBE M Ha KOMIUICKCHOM 4ep-
TEKE

A(A1, A7) — TouKa A 3a1aHa Ha KOMILICKCHOM
YepTeKe TOPU3OHTAIBLHON M (PPOHTAIBLHOMN
MIPOCKIUSAMH;

2 (A4, b) — mnockocTh 2 3amaHa mpsAMoi b u
TOYKOM A.

€ A€l — Touka A IpUHAIIICKUT TIpsMoi |
NPUHAUIC)KHOCTD
c,D |IcX — npsamast | nexxut B mtockoctu X
A1=B1 — ropu3oHTalIbHbIE IPOEKIIUU TOUYEK A
= COBIIAJICHHE
U B coBnanaror.
Il TapalIebHOCTh a /l b — mpsiMble & 1 b mapasTensHEL.
1 HEepPIEHIUKYIIIPHOCTD cLd — npsimble C 1 d nepreHAUKYISPHBIL.
° CKpEIIMBaHHE M _e N — mpsiMbie M U N CKPEIIHBAFOIIUECS.
M nepeceueHue k N | — opsimbie K u | mepecekarorcst.
— | N @ =N — npsmas | kacaercs miockoctn @
M KacaHue
B Touke N.
U o0beTMHEHNE AB UBC UCD — nomanas nmuaus ABCD.
AABC ~ ADEF — tpeyromsuuku ABC u DEF
~ rnmoxooue
IMOJOOHEL.
AABC = ADEF — tpeyromsuuku ABC u DEF
KOHIPYJHTHBI, T.€. OHH MOTYT OBITH COBMe-
~ KOHTPYIHTHOCTh
IICHBI B MPOCTPAHCTBE IBUKECHHEM TEPBOTO
HOPSIIKA.
= PaBEHCTBO IABI = ICD/ — otpe3ku AB u CD paBHBLI.
/ OTpHUIIAHKE A ¢ | — Touka A He IPUHAANESKUT NPAMOH .
KoHBIOHKIMA Npemnoxkennit | K € a A K € d — touka K mpunaanexur
VAN
(COOTBETCTBYET COIO3Y «H») | mpsiMbIM A | d.
JM3BIOHKIMS npeaaoxennit | A € 2 v A ¢ X — Touka A NpHUHANTIECKHUT
vV (COOTBETCTBYET COIO3Y TUIOCKOCTU 2 MJIH TOYKa A HE MPUHAJJICKUT
CHITA) TJIOCKOCTH 2.
N norndeckoe cieacrsue — | al/bac//b= all c— npsamee a u ¢ na-
UMIIIMKALUs (CIIe0BaTeNlb- | pajuIesibHBI MPSIMOH D, cremoBaTenbHO, OHU
<

HO, [1I03TOMY)

napaieIbHbl MEXTy COOOH.




[Tponomxenne Tadmuib! 1

OG6o3HaueHue CMBICIOBOE 3HaUEHHE [Ipumep cuMBONIMYECKON 3aITUCU

Aecle A ely, Ay el —Touka A npuHa-
JICKUT MPsAMOi |, ciieoBaTebHO, ee MPOeKIuU
JeKAT HA OJHOMMEHHBIX MPOCKIHIX MPSAMON;

JIOTHYECKas SKBUBAJICHT-
= CIPaBEAJIUBO U O0OpaTHOE yTBEP)KIECHUE: MPO-

HOCTb (4TO TO XK€ CaMOEe)
eKIIMU TOYKU A JexaT Ha OJHOMMEHHBIX IpO-
eKLUsX MpsMOit |, crienoBaTenbHO, TOUKA MpHU-

HAJIJICKUT STOU MPSMOU.

i, 11,
—= —>—— — CuCTeMa OpPTOTrOHAJIbHBIX
17, 17,
—> oToOpakeHHe, Mpeodpaso- . 11,
IUIOCKOCTEN —= mpeodpa3yercss B CUCTEMY
«— BaHHE ;
/i
IJIOCKOCTEN ——.
g
Tabnuna 2
I'peuyeckuii ajngpasur
Bbyksa Ha3Banue byksa Ha3Banue
A «a anbda N, v HIO
B S Oera g & KCH
Iy ramma O, o OMMKPOH
A, 0 ACIbTA Il 1
E ¢ SICUIOH Pp po
Z é’ a3era 2; G O curma
H n 3Ta Tt Tay
e840 TOTa Y, v HUIICUIIOH
I Hora D, ¢ bu
K x Kanmna X y XU
A, A namb6na Y,y ICcH
M, u MIO Qo omera
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Jexuyusa 1
1. OCHOBBI TEOPUU ITIOCTPOEHUS YEPTEXA

PeanbHblii mpeamer (netanp win cOopouHas €IUHHIIA) UMEET TPEXMEPHYIO (opMy, KOTOPYIO
HE00X0IMMO TIepeaaTh Ha JHCTE, UMEIOIIEeM JIMIIb J1Ba u3MepeHus. CaenaTb 3TO MOXHO, 3Has 3a-
KOHBI TIOCTPOEHUs n300pakenuit. [IpaBuna nmocrpoeHuss n300pakeHuii B HaYEPTATEILHOM TeOMeT-
pHH OCHOBBIBAIOTCSI HA METOJIe IpoenupoBanusi. M3o0paskeHune mpeaMera Ha MIOCKOCTH (ero mpo-
EKIIMsI) CTPOUTCS C IOMOIIBIO MIPOCIUPYIOLIUX JIYUEH.

1.1. Buasl npoenupoBaHust

Arnmnapar npoeurupoBaHus BKJIIOUAET B ce0sl IpoeupyeMblii 00BEKT, IPOSIUPYIOLIUE JIyUU U
IUIOCKOCTh, Ha KOTOPYIO OCYIIECTBIISIETCS IPOCLIUPOBAHUE.

Bun npoennpoBaHus 3aBUCUT OT CIIOCO0a MPOBEIEHHS IPOSUUPYIOMUX dydyeld. OOmum BU-
JIOM [IPOELUPOBAHUS SABJISETCS LIEHTPAIbHOE POCLIUPOBAHUE.

Ilpoeyuposanue nasvieaemcs YeHMPAILHLIM, eClU NPOSYUpyrowue J1yyu npoxoosam uepes
HEeNnoOoBUICHYIO MOYKY, HA3bIBAEMYIO YEHMPOM NPOEKYULL.

[Tycth B mpoOCTpaHCTBE HaXOASTCA MPOU3BOJbHBIE TOYKU A U B, KOTOpble HEOOXOIUMO
CHPOEIMPOBATh HA TIOCKOCTh /7, UCTIONB3Ys UEHTP MpoeKuui (momntoc) S. J{is sToro u3 neHTpa S
MIPOBOAATCS MPOCIUPYIONINE JIY4U, MPOXOAAIIUE Yepe3 3aJaHHbIE TOYKU M TepeceKaroniue mioc-

kKocTh. Ha mepecedyeHnn 3TuX Jydeill C IUIOCKOCTbIO MpOeKUUi /77 HaXOJATCS MPOEKLUU TOYeK
(puc.1.1).

S~ yewmp npoexyuy

A B - movku

a b - npoequpyowe mysu
[l - niockocme npoekyuy
A, B - npoexyuy moyex

Puc. 1.1

HCHTpaJ'IBHOC MpoeuupPOBAHUC HC y,Z[O6HO AJIA I/I3MepeHPII>'I, MO3TOMY NPUMCHACTCA, B OCHOB-
HOM, JJIA HOCTpOCHHfI NEPCICKTUBHBIX H306p3.)KCHHﬁ (HCpCHCKTI/IBBI). Metoasl MOCTPOCHUA TAKHUX
I/I306pa)KCHI/II71 HO,Z[p06HO paccMaTpuBarOTCA B Pa3aciic HaqepTaTCHBHOﬁ TeoOMETprUUn «JIunetinas
MEPCIICKTUBA», KOTOpLIﬁ HC BXOIHUT B COCTAaB HAIIICTO KYypcCa.

YacTHBIM ClTy4aeM [EHTPAIBHOTO MPOCIIUPOBAHUS SBJISICTCS TTAPAIICIBHOE POCIIUPOBAHUE.
[Tpu BBIMOJHEHUM JAHHOTO BHJA MPOCIMPOBAHUS CUMTACTCS, YTO IEHTP MPOEKIIUI HAXOJUTCS B
OECKOHEUYHOCTH.

Ilpoeyuposanue nazviéaemcs RAPANNENbHBIM, eClU 6ce Npoeyupyiouue iyyu npoxoosm
napanieibHo opye opyey.



[TapayutenpHOE POEUUPOBAHUE OCYIIECTBIISAETCS IIPU BBIIIOJIHEHUH JIBYX YCIOBUSAX:

1) 3ajgaHO HampaBJeHHE IPOEMPOBAHUS S |
2) TPOEIUPOBAHUE BEACTCS HA IIOCKOCTb, HeMapaJUIeIbHYIO HAPABICHUIO MPOCIIUPOBAHUSI.

a |S a b
oy B
o
I B,
w =90’ w = 9’
S - Hanpabrewve npoeyupobarug a b - npoeuuypypve mysu
A B - movku A, B - npoexyuy movex

11 - naockocme npoekyuy

Puc. 1.2

B 3aBucumocTH OT yriia HaKJOHA MPOCIUPYIONMIUX JIy4el K TJIOCKOCTH MPOEKIMM Iapali-
JIeBHOE MPOCIUPOBAHUE MOXKET OBITh!
1) mnpsmoyrosbHOE (OPTOrOHAIBHOE), KOT/a MPOCIUPYIOIINE YIJIbl MAJal0T Ha IJIOCKOCTh MPOCK-
umii nox npsameM yriom (@ = 90°);
2) KOCOYroJjbHOE (AaKCOHOMETPHYECKOE), €CIIM HAIlPaBJICHUE MPOCIIUPOBAHUS COCTABISET C MIOC-
KOCTBIO IPOEKLIUI yroj He paBHbIN 90°.
[TocTpoeHne Bcex MaIIMHOCTPOUTENBHBIX YEPTEHKEH OCHOBBIBAETCA Ha MPSAMOYTOJIbHOM
MPOEIMPOBAHUH, TIOSTOMY B JajbHEMIIeM OYyIeT paccMaTpUBaThCA TOJIBKO TOT BUJ MPOEIHPOBA-
HUSL.

1.2. OcHOBHBIE CBOMCTBA NAPAJLICJIBHOI0 IPOCHMPOBAHUS

[Ipu mpoenupoBaHUHU Ha TIIIOCKOCTH MPOEKIUN (POPMBI U pa3Mepbl HEKOTOPBIX T€OMETpUYe-
CKHX 3JIEMEHTOB MOT'YT HCKa)kaThcsl. OJTHAKO CYIIECTBYIOT HEKOTOPbIE UX CBOICTBa, KOTOPHIE BCeE-
I7la OCTal0TCS HEM3MEHHBIMH (MHBAPHAHTHBIMU ).
1. IIlpoexyusa mouxu ecmv mouxa.

3TO OYEBUAHO U3 CAMOTO OIPEIEICHUS MPOEKIMH KaK TOYKU MEePECeUeHUs] POEUPYIOIIETOo
JIy4a ¢ IJIOCKOCTBIO ITPOEKIUH.

CrnenyeTr MOMHHTb, YTO JFO00H TOYKE MPOCTPAHCTBA COOTBETCTBYET TOJBKO OJHA MPOEKIIMS
Ha 1uiockocTH. OOpaTHas (GOpMyIHpPOBKA ITOIO CBOMCTBA HEBEPHA, T.K. KaXJA0H MPOEKLUU TOYKU
MO’KET COOTBETCTBOBATh OECUHCIEHHOE MHOKECTBO TOYEK B MIPOCTPAHCTBE. DTO 3HAUMT, YTO OJIHA
MIPOEKIIMSI TOUKH HE OMPEAEIISET €€ MOJI0KEHHE B TPOCTPAHCTBE.
2. [Ipoekyueti npsimotl 8 0bwem cyuae s611emcs npsmast.

Bce npoernupytromue aydn, MpoXOoAsIINe Yepe3 MPsSMYI0, 3aJJaHHYI0 OTpe3KoM AB, 06paszyroT

IPOCLUPYIOILYIO TUIOCKOCTh ABB’A’, KOTOpas mepecekaer IIOCKOCTh mpoekuuit //; 1mo mpsmoit

(Al — Bl)(pnc. 1.3 a). Mcxo/s U3 3TOTO CIIPABEUIMBO U CIIELYIONIEE YTBEPKACHUE.



Puc. 1.3

5. a) Ecau ompe3ok napannenen
NIOCKOCMU NPOeKyull, Mo OH
npoeyupyemcs Ha Hee 8 Hamy-
DPATLHYIO GENUYUHY.

[EF]|ITT, =|E,F,|=|EF]|

6) B mnportuBHOM crnyuae,
npu  APAMOY20JIbHOM — NApa-
JIETbHOM — NPOeYupoBanuu  OH
umeem NPOEKYUrO  MEHbULYIO
UCMUHOU 8ETUYUHDL.

M kM
M

MMM = _WZZ_,M[

KM kM

Puc. 1.5
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3. Ilpsamas mooxcem Ovimb npoexyueu He
MOAbKO NPAMOU, HO U 000U KPUBOU JTUHUU,
ecnu ama Kpueas HAxooumcsi 8 ni0CKOCMU,
NepneHOUKyIAPHOU  NIOCKOCMU — NPOeKyutl
(puc.1.3a).
4. Ilpoexyuei  npsamou,  napauieibHOU
Hanpaenenulo  Npoeyupo8aHus,  AGJsAemcs
MouKa.

OHa Ha3bIBae€TCS BBIPOXKJACHHON TPO-
exnuen npsmoin (puc. 1.30).

a G o)

6 & _§
F ol Y

h H

al EFIEF - no ycrobuw F/
EE, I FF, kak npoeyupywuue ﬂyquf = [ F - /6

o) GH#IT
GHITTI=/ 5/~/\- EH j
G, H=GHc osoc

=6, H =GH-cosa

Puc. 1.4

6. Eciu mouka npunaonedxcum npsamotl, mo npo-
eKyus dMou MOYKU JIedHCUM Ha NPOeKyuu 3mou
NPAMOLL.

M e[KL]=M eK L
1 11

7. Echu mouka, nedxcawas Ha npsamou, oeium ee
HA OMpe3KU 8 KAKOM-TUb0 OMHOUEeHUU, MO npo-
eKyust Mol MOYKU NOOeIUm NPOeKyuio 3motl
NPSMOUL 8 MOM JHCe OMHOULCHUU.



8. Ecnu npsiamsle nepecekaromcs, mo ux npoeKyuu maooswce nepecekaromcs. HpuueM npoexkyus

mMoOYKU nepecevdernust npAMbIX A6JI1emcs MOuKoU nepecevyenHus I’lpO@KL}MIl

A
W )

MABA (D= A B~ (O,
Puc. 1.6

9. Ilpoexyuu napannenvHvix NpamMviX napa-
JIeJIbHbL MedHcOY COOOII.

[Imockoctn @ u 2, npoxoasiiue yepe3
JIB€ TapajulelIbHbIE MpPAMbBIC, NapajuIeIbHBI,
T.K. JB€ IEPECEKAIMECS MPSIMbIE OIHOMN
IUIOCKOCTH MapaJlIeJIbHbl JABYM II€pECEKaro-
MMCS TPSIMBIM BTOPOM TIJTOCKOCTH.
[EF]|I[GH

EE |GG, [~ O(EF NEE,) [ 2(GH NGG)-

HapaJ'IJ'ICJ'II)HBIG IJIOCKOCTHU TIE€pECC-

Katores ¢ Tpetbeii miockoctero (I1;) 1o ma-

paJuICIIbHBIM IIPAMBIM, CJIICA0OBATCIIbHO,

EF|GH..
11 1 1

Touka N ogHOBpeMEHHO mpu-
Haanexut npsmeiM (A-B) u (C-D). Tlo
[IECTOMY WHBapHaHTHOMY CBOMCTBY
NPOCKIUS 3TOW TOYKH JIOJKHA MPH-
HA/JIKATh MPOCKIHAM STHX MPSIMBIX,

a cJenoBaTelbHO, OBITh TOYKOW mepe-

CCUCHUA HpO@KHI/Iﬁ .

LFIGH = EF N GH
Puc. 1.7

2. OPTOI'OHAJIBHBIE NTPOEKIIMU 'EOMETPUYECKUX OB BEKTOB

2.1. KommiekcHblil yeprex ToukH (Jmwop Mon:ka)

[IpoenmpoBanne reoMeTprUIecKoro o0beKTa (TOYKH, JTUHUU WM (UTYpPHI) Ha OAHY ILJIOC-

KOCTh MPOEKIMI HE OINpenessieT ero MoJO0XKEHUs B MPOCTPaHCTBE (KaKOW-1HO0 MPOEKIMH TOYKH

MOJKET COOTBETCTBOBATHL OECUHCIECHHOE MHOKECTBO TOYEK B HpOCTpaHCTBe) N HE JacT IIOJIHOI'O

MMpEACTABICHUA O HEM. HOBTOMY IMPHUHATO HUCIIOJIB30BATh HE OJHY, a4 JIBC UJIK TPU B3aUMHO IICPIICH-

JUKYJSpHBIE TUIOCKOCTH MPOEKIHMHA — FOPU30HTAJIBHYIO Hl, (bpoHTATBHYIO H2 U NpoUIBHYIO

Hs. JIBe MIIOCKOCTH MPOEKIMN JIENAT MPOCTPAHCTBO Ha 4 yeTBepTH (puc. 2.1 a), Tpu MIOCKOCTH —

Ha 8 okTaHTOB (puc. 2.1 6).

Jluanu nepecedenns miockoctedt npoekmuii 0x, 0y, 0z Ha3wpiBaroTCs ocsiMu mpoekiuii. OHu

AQHAJIOTUYHBI OCSIM JIEKAPTOBON CHUCTEMBI KOOPJIWMHAT C TOW pasHHIIEH, 9TO och OX MMEEeT MOJI0XKH-

TCJIIBHOC HAIIpaBJICHUEC BJICBO.

11
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Puc. 2.1

7
’ M
17 \ 4
/
/
|
1§ M \ _izvlesd H
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o BV D Fe N
74

T.x. mo00# mpeaMeT MOKHO paccMaTpUBaTh Kak MHOXKECTBO TOYEK, MPOCIIUPOBAHUE €r0 Ha

INIOCKOCTH CBOAMTCS K IOCTPOCHUIO OTACIIBHBIX TOYCK €MY IMPUHAJICIKAIIUX. HOBTOMY Bce 0a3o-

BBIE ITOHATUSA U MPaBUjIa POCIUPOBAHNS PACCMATPUBAIOTCS HA IIPUMEPE MOCTPOEHUS TOUKH.

[TocTpoum mpoeKIu TOUYKU A, pacroIOKEHHON B IIEPBOM OKTaHTE MPOCTpaHCTBA (puc.2.2).
JI1st 3TOTO Yepe3 TOUKY MPOBEAEM MPOSUUPYIOMIUE JIy4d, UAYIINE NEPIEHIUKYISIPHO IUIOCKOCTIM
npoekuuid. Ha nepecedenun 3THUX Jyded ¢ INIOCKOCTAMM NMPOECKUMHA HAaXOIATCA IPOCKIUU CAMOU

TOUYKH A.
1z 17
i N\A S
y /
/4_; ]Y
iy yi e
| b
1 =74 A
7 4
H \./ |
J
Puc. 2.2

AA,
AA, > npoeyupypiyue gy
AA, )

A, 20PU30HMATHaT
A, > @powmaneHas u
A, npogumnag npoekyuy modkuy

HecmoTps Ha HarjasAHOCTH IPOCTPAHCTBEHHOTO M300pakeHus, paboTaTb ¢ HUM HEYI00HO,

T.K. TOPU3OHTAJbHAS W NMPO(HIbHAS TUIOCKOCTH MPOSKIIMA H300paKaIOTCS HAa HEM C UCKaKECHHUEM.
Y100Hee COBMECTUThH 3TH INIOCKOCTH ¢ ()POHTATBHON IIOCKOCTBIO TPOCKITUH, Pa3BEPHYB MX Ha
yron 90° Bokpyr oceit npoexiuit 0X u QY. ITpu stom ock QY pasBopaunBaercs Kak ¢ FOpU3OHTab-

HOM, TaK ¥ ¢ (PPOHTAILHON IIIOCKOCTSIMU MPOEKLIUH, TO3TOMY Ha YepTeke oHa 0003HayaeTcs JBa-

w61 — 0y u 0y’
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[Tonmy4yeHHBIH TakuM 00pa3oM YepTeXk Ha3bIBAETCS KOMIUIEKCHBIM uepTexkoMm (KY), wim
smopoM Monxa. B ¢BA3u ¢ TeM, 4TO OH IpeiCTaBiIsseT COOOH pa3BEpHYTYIO B IIOCKOCTb IPO-
CTPaHCTBEHHYIO MOJIEJIb, CAMOI TOYKHM Ha KOMILICKCHOM 4YepTexe HeT (puc. 2.3).

I A II
A A A

JJMHUAMMH, HA3BIBAIOIIMMUCSA JTUHUAMU 4o o

[Ipoexkuuun Touku Ha KY co-
SAUHSIFOTCS MEXIY COOO0W MPSMBIMH

A A,

" A A >y cba
JIAPHO OCSIM IIPOEKIUH. AA J

CBA3HM W NPOXOAAIIMUMHA TMECPICHANUKY-

HezaBucumo ot TOro, B Kakom
OKTaHTE HAXOJUTCA TOYKA, €€ TOpH-

X
30HTaJIbHAS U (PPOHTAIBHAS TIPOCKIINU A g y YW
BCErJIa JIeKaT Ha OJHOW JIMHUHU CBSI3H, + 44

neprenaukymspHoit ocu 0X, a gpon- 4 |

TaJbHasA H HpO(l)I/IJ'ILHaH IIPOCKIHUA — 17

HA JIMHUM CBSA3M, MEPHeHIUKYISPHON ¥
ocu 0z. Puc. 2.3

Hcxons U3 pucyHka IPOCTPAHCTBEHHOM Mozenu (puc. 2.2) MOXKHO BBISIBUTH B3aHMMOCBS3b
MEKILY NPOEKIUSIMH TOUKH A

1) paccrosiuue OT TOYKU A 10 TOPU3OHTATHLHOMN IIOCKOCTH MIPOEKIHUIA (BBICOTA TOUKH)

z:‘A,Hl‘ :‘AAI‘ :‘AZAX

=|A A
3y

2) paccrosiuue oT TOYKU A 10 GPOHTATBLHON MIIOCKOCTH MPOEKIUH (TITyOMHA TOUKH)

y:‘A’Hz‘ :‘AAz‘:‘Ale

-,

3) paccrosiure OT TOUKH A 10 POGHITBHOM MIIOCKOCTH MPOEKIUH (IIUPOTa TOYKH)

x=|AT|=|44] :‘AIA
y

a1

Hanpumep, pacctosaue oT GppoHTaIbHON npoeKyu Toukk 10 oci OX paBHO paccTOSHMIO OT
npodunsHoil npoekmuu 10 ocu 0Y. CrieoBaTensHO, M0 ABYM JH0GHIM NPOEKIUAM TOYKH MOKHO
NOCTPOUTH TPETHIO.

Todku MOryT 3aHMMAaTh YaCTHOE ITOJIOKEHUE B MPOCTPAHCTBE OTHOCHUTEIBHO IUIOCKOCTEH
MPOEKIUM:

1) eciu TOYKA pacoOkKeHa Ha OCH MPOCKIIHIA, TO JBE €€ MPOCKIINH JIe)KaT Ha ITOH OCH, a TPEThs
HaxOJIUTCA B HaYaje KOOPJAUHAT;

2) ecIi TOYKa JISKHUT Ha IUIOCKOCTH MPOEKIK, TOT/Ia OJHA M3 €€ MPOEKIHNi JISKUT B ITON IIOC-
KOCTH, a JIBE IPyTH€ — Ha OCAX MPOCKIUH.

Jomyctum, uto Touka B nexut na ocu 0Z, a Touxka C npuHaIe)KuT rOpU30HTAIBHOMN MIOC-
kocty npoekuuii (puc. 2.4). s Toukn C MoCTpoeHus CleayeT HauMHATh ¢ IPOEKIMH, IPHHAIIE-

JKale mIOCKOCTH Cl , 1Sl TOUKK B — ¢ poexiuit B2 u B3 , JISKAIHUX HA OCSIX MPOEKIUM.

13
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Puc. 2.4

Jlexkyus 2

Puc. 2.5

AKcHOMa €BKJIHMJIOBOM reoMerpuu riacut: «Yepe3 aBe TOYKHM NMPOXOAUT €IHMHCTBEHHAs
npsMas». B cBs3M ¢ 3TUM NOCTpOEHNE NPOEKIUi MpsMoi JIMHUKA Ha KY cBOAMTCS K MOCTPOECHUIO
MIPOEKINI JBYX TOYEK €l MPUHAIIEKAIIUX.

. " 7
[Moctpoum mpoekimu npsiMoit d, KOTopor MpHHAI-

nexat Touku 4 u B. CripoeniupoBaB UX Ha MJIOCKOCTH IIPO-

eKIMi, a 3aTeM COCIWHUB MEXIy COOO0H OJHOMMEHHBIE
MPOEKINH, TTOJIY9aeM MPOEKIINHU MpsMoit (puc.2.5).

Puc. 2.6

Ha KY npsimMas MoxeT ObITh 3a/1aHa MPOEKLUUSAMH JIBYX TOYEK (OTPE3KOM) WM, HA OCHOBA-
HUM WHBAPHAHTHOTO CBOMCTBA 2!, HOOCPEICTBEHHO CBOMMH MPOEKIHsIMHE (puc. 2.5 6, 2.6).

' Cm. 1.1.2. OcHOBHBIE CBOMCTBA MAPAIIEABHOTO MPOEUPOBAHHUS.

14



2.2.1. Ilonoscenue npamoii OMHOCUMENbHO NII0CKOCM el NPOEKY UL

[To pacrnosIoKEHHUI0 OTHOCHTENBHO IUIOCKOCTEH NMPOEKIHMH Pa3auyaroT HpsSMbIe OOIIEro U

YaCTHOI'O ITOJIOXKCHU .

Ilpsmvie ne napannenbHvle U He NEPREHOUKVAAPHbIE HU OOHOU U3 NIOCKOCMeEU NpoeKyull
HA3bIBAIOMCS RPAMBIMU 00UL€20 NOJIOMHCEHUA.

IIpr3Haky ¥ CBOMCTBA OPSIMOIi OOIIEro MOJIOKEHHUSL:

1) Ha KY Hu ozmHa M3 MpoeKIMH NPSMON OOLIEro MOJ0XKEHUs, He TMapajuielibHa OCSIM MPOCKIMI
(nM He NepIeHIMKYIISIPHA JIMHUSAM CBsi3H) (puc. 2.5, 2.6).

2) JlnuHa OTpe3Ka, NMPUHAIICIKAIIECTO MPSIMOM OOIIEro MOJO0XKECHUS MPOCHHUPYETCS Ha JH0YI0
TUIOCKOCTh MPOEKLUH ¢ HCKaKEHHEM: KaKJasi MPOEKLHUs OTpe3Ka KOpoue ero HaTypalbHOU Be-

JINYUHBI.
[Ipsimble 0011ETO MOTOKEHUS MOT'YT ObITh BOCXOISLIMMH WM HUCXOASALMMU.

lpamas nazvieaemcs ocxooaweii, eciu no mepe yoaieHus om HaoIo0amens oHa nogul-
waemcs.

Ipsimas Hazvieaemcsa HUCX00AWEl, eciu No mepe YOaieHus om Habaoamens OHA NOHU-
JHcaemcsi.

st Toro, uToOs! onpenenuts o KY nonoxenne npsmoid, HE0OX0JMMO 00paTUTh BHUMaHHUE
Ha TO, KaK JAJbHSS OT HAONIOMATENsl TOYKa OTpe3Ka MPSMOM PacIojioKeHa OTHOCHTENBHO OJH-
JKaWIIell TOYKHW: BBINIE WIM HWKE, npaBee win jeBee. Ha pucynke 2.5 nzobpaxeHa BOCXOsIIas
BIIpaBO MpsiMasi, T.K. HauOoJiee yJalleHHas Touka B pacrojaraercsi mpaBee U Bbllle Onrpkaiiiei

TOUYKH A.

[Ipu3Hak BOCXOASAIMNX ¥ HUCXOJSAIINX TPSIMbIX 2 P
1) Ha KY ropusonTanbHas U GppoHTaIbHAS TPO-
€KLUH UMEIOT YKJIOH B OJIHY CTOPOHY OTHOCH-

TEJILHO OCH MpoeKui (puc. 2.7 — npsimasi ).
2) YV HUCXOISNMX TMpSIMBIX 00€ MPOCKIUU [ ~~——
HAKJIOHEHBI B pa3HbIC CTOPOHBI OTHOCHTEIHLHO

ocu mpoekimii (puc. 2.7 — npsmas K). Puc. 2.7

[IpsiMble YACTHOTO MOJIOKEHUS] TOAPA3IACTAIOTCA HA TPSMbBIE YPOBHS U MPOECHUPYIOIINAE

MIPsIMBIE.

IIpsamvle, napannenvhvie 00HOU U3 NIOCKOCMEL NPOEKYUll, HA3bIBAIOMCS NPAMBIMU YPOB-
HAL.

CymiecTByeT Tpu BUAA MPSIMBIX YPOBHSI: TOPU30HTAIIb, (PPOHTAIB U MTPOQUIIbHAS TTIpSIMast.
1. Topusonrans (h) — npsmas, napanrenvhas 2opuzonmanbHoOU NIOCKOCMU NPOEKYULL.

IIpu3HAaKy U CBOMCTBA TOPU3OHTAIIH:

1) Ha KY ¢poHTanbHas MpOEKIHS TOPU3OHTAIN h2 pacroyiaraercsi mapauuiesibHo ocu Ox (wim B

0E€30CHOM YepTEKE MEPIICHAUKYIISIPHO JIMHHUSAM CBS3H).
2) Ha ropu3oHTaNbHYIO TUIOCKOCTh MPOCKIHA 0e3 MCKAKCHUSI MPOCHUPYIOTCS OTPE30K, MPUHA-

15



JIEKAIUH TOPU30HTAIIA (‘AlBl‘ = ‘AB‘ ), ¥ yIJIBI HakIIOHA ero K (ponTansHoi ( ) u npoduis-

HOH (/) INIOCKOCTSAM IPOEKLUIA.

Puc. 2.8

2. ®poutans (f) — npsavas, naparnenvhas pponmanvroii niockocmu npoexyuil.

ITpusHaku u cBolicTBa GPOHTAIIH:

1) Ha KY ropusonTanbHast npoekuus GppoHTaIn f1 pacnojaraercsi napajiesnbHo ocu Ox (unu

B 0€30CHOM uUepTexe NEPIEeHAUKYISIPHO JIMHUSAM CBS3H).
2) Ha ¢poHTanbHYI0 TIIOCKOCTh MPOEKIMNA MPOSHUPYIOTCS 0€3 HCKaXeHUs OTPEe30K, MPUHAI-

nexanmit ppoHTanu (‘AQBZ‘ Z‘AB‘), ¥ YIUIbI HAKJIOHA €ro K TOPU3OHTaIbHOU (&) W Tpo-
(GmIbHOM (¥ ) IUIOCKOCTSAM MPOEKIIHHI.
3. TpoduabHasi NpAMAast — npamas, NApaiIeIbHAs NPOGUILHOU NIOCKOCHIU NPOEKYULL.

ITpusHaku U cBoWcTBA IPOGUIBHON IIPSIMOK:

1) Ha K4 ¢ponranshas A,B, n ropusonramsnas A B, mpoeximn orpeska npodmisnoi

MPSAMON pacnoJIaratoTcs MEPIEHANKYISIPHO OCH X.
2) Ha mpouibHYIO MIOCKOCTH MPOEKIHH MPOCHUPYIOTCS 0€3 MCKaKECHHsST OTPE30K, MPUHAI-

JIeKAIIUH TPOMIITEHON TIPSIMO B.| =|AB)|), u yrusl naknoHa ero x GppoHTaNBHOMN
p p 3 yr.

Y TOPU3OHTAJIBHOM (X ) MIIOCKOCTSIM MTPOEKIUH.

16
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Puc. 2.10

Ipsimbie, nepneHOuKyspHbIe 0OHOU U3 NJIOCKOCMEU NPOeKyull, HA3bl8AIOMCS RPOeUupy-

ouwiumu RPAMbIMU.

CymiecTByeT TpU BUA MPOCHHUPYIOIUX MPSIMBIX: TOPHU30HTAIBHO-TIPOCHUpYOMmasi, GpoH-

TaTBHO-TIPOCHUPYIOIIas U MPOQUIBEHO-TIPOCHUPYIOIIAs IpsiMast.

IIpoekuueil npoeupyromEen NpsiMOi Ha TIOCKOCTh MPOEKILHU, K KOTOPO OHA MEPIEHANKY-

JSpHa, sBiseTcs Todka (cien mnpsiMoil). Bece Touku, mpuHaaiexaliue Mpoenupyrouel MnpsmMoii,

IIPOELUPYIOTCS HA €€ CIEN.

1.

I'opu3oHTaNBHO-IPOCHUPYIOLIAS
npsMasi — npsiMasi, IepueHIuKysp-
Hasg TOPU30HTAIBHOM  IUIOCKOCTH

IIPOEKINN.

CTH IIPOEKIUH.

-7

/25’42592

17, X
/
o A u
5,
A B
g
== 71 & i =A1B

! Puc.

211

. OPOHTAJBLHO-TIPOCHUPYIOIIAs NPAMAs — NpsMasi, IepHeHIUKYIsIpHas (POHTAIBHON TUIOCKO-

17, A
/254{)592
B 2
/ i —
A
5,
J; 1 !
s ,
A Jr 4
Puc. 2.12
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3. IlIpo¢uasHo-npoenupyomas NpAMas — npsMasi, IepueHIuKyIIpHas NPoPUILHON TIOCKOCTH

MIPOCKIUH.
2
17 z
A o b Aop B py=A; 5,
17} f)
A 5 gy =A; B, )
|
4 BB, Al ’
117 4 ! B, y
Puc. 2.13

K 4ucity 4acTHBIX Cily4aeB pacIlONOKEHHs IPSAMBIX MOKHO OTHECTH WM INpsAMBIE, JIeKAIINe
HENOCPEACTBEHHO B IUIOCKOCTAX NMpOEKUMi. VX Ha3pIBalOT npamwvimu nyneéozo ypoensa. Ha puc.
2.14 npuBeneHBI IPUMEPbI TAKUX MPSIMBIX: TOPU3OHTAIL N ¥ MPOGHILHO-IPOSIUPYIOIIAs TIpsMas |
pacrioniaratoTcsi Ha TOPU30HTAIBHON IJIOCKOCTH MPOEKIIHIA, CIIeI0BATEeIbHO X (PPOHTAIBHBIE MPO-
SKIMU HaXOoJATCs Ha ocH Ox; ¢ppoHTans f 1 npoduiIbHO-IpoeHUpYOLIas MpsiMas p JIeKaT BO HpoH-
TaJIBbHOM IIJIOCKOCTH IPOEKIUH, a 3HAYUT UX TOPU3OHTANIBHBIE TpoeKuny Ha KU coBnaaaroT ¢ 0ChIo

Ox.
/ 5
h f‘\ y
X P

4

Js
Puc. 2.14

2.2.2. Cneovt npambIX TUHUIL

Touxa nepeceuenus npamoll ¢ NI0OCKOCMbIO NPOEKYUl HA3bIBAECMCS C1€00M RPAMOUL.

Ha pucynke 2.7 npuBeaeHbl IpocTpaHcTBeHHas Moaenb u KUY mpsimoii |, mepecekarorieii tpu

IIJIOCKOCTH HpOCKI.IPIfI, a CJICA0BATCIIbHO, HMeEFoIIeH Tpu ciieaa.

— ropusontansrbii H =1 N I1,,
—  ¢pontamsrbii F =1 NTI,,

— mnpodunsHeli cien P =1NI1;.

OueBuaHO, 4TO (pOHTAIBHAS U NMPOQHIbHAS MPOEKIMKH ropu3oHTanbHoro ciema (H) mps-
Mo JiesKaT Ha ocsax mpoeknuii Ox u Oy cootBercTBeHHO. [Ipoekimu Gponrtansroro (F) u mpoduis-
noro (P) cremoB nmpsmMoii HaXOIATCS aHATIOTHYHO.
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A

Puc. 2.15

[Tpsimble 00IIEro MOJIOKEHHSI IEPECEKal0T TPU MIIOCKOCTU MPOEKIMH U UMEIOT TPH ClIeNa;
MPSIMBIE YPOBHS TIEPECEKAIOT JIBE TJIOCKOCTH MPOCKIUN (MMEIOT J[Ba Clie/ia); MPOCHUPYIOLIUe Mpsi-

MBbIC ICPECCKAOT OJHY IINIIOCKOCTb IMPOCKINU.

2.2.3. /lenenue ompesxa 6 3a0aHHOM OMHOUIEHUU

Teopema Pajeca:

Ecnu napannenvuvie npsmvie, nepe- . B
cexaiowjue CMOPOHbL Yela, OMCeKaiom Ha
OOHOU e20 CmopoHe paeHvle OMmpe3Ku, Mo
OHU OmCeKarom pasHvle Ompe3Ku U Ha Opy-
201Ul e20 cmopoHue. Puc. 2.16
Hcnonb3ys 3Ty TeopeMy U MHBApUAHTHOE CBOMCTBO MapajlIeIbHOTO MPOCLIUPOBAHUS: «€C-

JIX TOYKA ACIIUT OTPE30K HpﬂMOfI B JaHHOM OTHOIICHHHU, TO MPOCKIHA STOH TOYKH MoACIIUT MPOCK-

U0 TPSMOW B TOM K€ OTHOIIEHUW», MOYKHO JIETKO Pa3IeIuTh JIF0OOH OTPE30K B 3aJaHHOM OTHO-

HICHUH.

Uro6st Ha KY pa3nenuts OTpe30K B 33JJaHHOM OTHOIICHHH, HEOOXOIUMO B 3TOM OTHOIIIE-
HHUM pa3esuTh ero npoekuuu. Ha pucynke 2.17 orpe3ok [MN] MoJieJIeH TOUKO K B OTHOILICHUH

MK :KN =1:4
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MK, MK, M,K, MK
KoNg KN, K,N, KN

A

Puc. 2.17

2.2.4. Hamypanvnas eéenuuuna ompe3sKa npAmoil 00uiezo noioxicenus.
Memoo npamoyzonvHo20 mpeyzoibHUKA

B oTnnuue ot 0Tpe3KoB NpSMBIX YACTHOTO MOJIOKEHHUS, TPOSHUPYIOLIUXCS XOTs Obl Ha OJIHY
U3 IJIOCKOCTEH MPOEKIU B HATYPaJIbHYIO BEIMYMHY, OTPE30K MIPSMON OOIIEro MOJOXKEHHS Ha
MIJIOCKOCTH TIPOCKIIUH MPOCIIUPYETCS ¢ UCKaKeHUeM. {71t Toro 4roObl HAMTH ero HaTypajbHYIO Be-
JUYHUHY, HEOOXOIMMO MPOBECTU psifl IpeoOpazoBannii. CylIecTBYeT HECKOJIBLKO METOI0B HaXOXK/Ie-
HUS HAaTypaJbHOM BEJIMYMHBI OTPE3Ka MPSAMOM OOIIEro MOJI0KEHHS U YIJIOB HaKJIOHA €ro K IJI0CKO-
CTSIM npoekiuil. OJHUM U3 3TUX METOJIOB SIBJISIETCS METOJl IPSIMOYTOJIBHOTO TPEYroJIbHUKA, B KO-

TOPOM HaXOAUTCA 3aBUCUMOCTD JJIMHBI IPOCKIHNU OTPE3KaA OT €ro WCTUHHOM BEJIMYHNHEI.

Puc. 2.18

BospmeM mpsmyro o0miero moyioxeHuss AB U crnpoenupyeM ee Ha TOPU30HTAIBHYIO TIIOC-
kocts mpoekumit I1;. Yepes Touky 4 mpoBemem mnunuIO, mapamwiensbHyto miockoctn 1. Takum
00pa3oM B IIPOCTPAHCTBE MOIYYHM NpsAMOyronbHbIA Tpeyronsauk ABB', onun m3 karetos xoro-

poro ( AB") paBen mmnne npoekuuu oTpeska, a yroa Mexkay OTPE3KOM M THM KaTeTOM SBISETCS

YIJIOM HaKJIOHA 3a/laHHOT0 OTpe3Ka K MJIOCKOCTH Mpoekiuil (puc. 2.18).
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s ompeneneHust HaTypaldbHON BEIMYMHBI OTpe3Ka MPSMON OOIIETo MOJIOKEHUSI U YIJIOB
HAKJIOHA ee K IIOCKOCTH npoekiuii Ha KU HeoO6Xx0IMMo MOCTPOUTH NMPSMOYTOJIbHBINA TPEYTONIBHUK:
1. TlepBslif KaTeT ATOTO TPEYTrOJBHUKA PaBEH MPOCKIIMH OTPEe3Ka Ha MIIOCKOCTH MPOSKIHiA (00bIU-

HO INIPSIMOYTOJIBHBIM TPEYrOJBbHUK IPUCTPAUBAIOT K IIPOCKLUU OTPE3Ka, OJHAKO B HEKOTOPBIX
3a/la4yax 1enaecoo0pa3Ho MPSIMOYTOJIbHBIM TPEYroJbHUK CTPOUTH B CTOPOHE OT MPOEKIHM Treo-

METPUYECKUX OOBEKTOB).
2. U3 mpoexiuu sro6oro konua orpeska (A win B;) mox mpsiMbiM yriiom k mpoekuun orpeska

MPOBOJIUTCS JIy4, HA KOTOPOM OTKJIQ/IBIBACTCA JIJTMHA BTOPOTO KaTeTa, paBHAs pa3HOCTH PaccTo-
STHUH OT KOHIIOB OTPE3Ka JI0 IAaHHOM TJIOCKOCTH IMPOCKIIUM.

3. T'mnorteHy3a MOTYyYEHHOTO TaKMM 00pa3oM MPSIMOYTOJLHOTO TPEYroJIbHUKA paBHA JJIMHE 3a-
JTAHHOTO OTpe3Ka.

4. VYrou HaKJIOHAa OTpe3Ka K TOW WIIM WHOM MIIOCKOCTU MPOEKINI paBeH YTy MEXy TMIIOTeH Y301

— HaTypaHBHOﬁ BEJIUYMHOM U KATETOM — HpOCKHHeﬁ Ha 3Ty IJIOCKOCTb HpOGKHHﬁ.

Ay

4
IIkam - A B, 2 Ikam - 4,8, 3 Ikam - 4 B,
[Ikam - Az=z, -z I kam - Ay=y, -y, [Ikam - Ax=x, -x
/18717 ] & /487TT / v JAB T, |
Puc. 2.19

CrnenoBarenbHO, U1 ONPENEIECHUs YIJla HAaKJIOHAa OTPE3Ka K FOPU30HTAIBHOM IUIOCKOCTH
MPOEKIMH NPSIMOYTOJIbHBIM TPEYTrOJIbHUK CTPOUTCS Ha 0a3e rOpU30HTAIBHOMN MPOEKIMU OTpe3Ka, K
(pOHTAIBHOMN TTOCKOCTH MPOEKITMH — Ha 6a3e GpOHTAIBHON MPOEKINH, K MPOGUIEHOMN TIIOCKOCTH

MPOEKI — Ha 6a3e MPOPUIBHON MPOESKIHH.
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2.3. [1nockocthb. CnocoObI ee 3aJaHus, M0J0KEHHE OTHOCUTEIbHO
IUIOCKOCTEH NMPOCKIMH

ITonoxkeHue II0CKOCTH B MMPOCTPAHCTBC MOKET OBITH OAHO3HAYHO OIMPCACIICHO:

1) Tpems ToukaMu, He JICKAIUMH Ha OAHOM npsimoi (puc. 2.20 a);
2) TpsMO¥ U TOYKOH, HE JIexkallei Ha 3Toi mpsimoit (puc. 2.20 0);
3) nByMs mapauiesibHbIME psiMbiMU (puc. 2.20 B);

4) nByms nepecekarommmucs npsmbivu (puc. 2.20 r);

5) rockoii purypoii (puc. 2.20 1);

6) cienom miockoctu (puc. 2.20 e).

Ha KY mockocTh 3a1aeTcsi MPOEKIUAMH 3TUX 3JIEMEHTOB, HO HE OTPAaHUYUBAETCSA UMHU, T.K.
oHa Oe3rpaHnyHa U OECKOHEYHA.

Bceryia oT 01HOTO crocoba 3a/jaHus TIOCKOCTEH MOKHO MepelTn K apyromy. Hampuwmep,
COEJIMHHUB MeXk1y co0oil Touku 4, B u C oTpe3skaMy NPSAMBIX JIMHUH, MOXKHO HOJTYYHTh IIOCKOCTb,
sagannyio tpeyronsaukoM AABC (puc. 2.20 a, ).

8 8

o°

o4

B B

JIABL) YA 1l Ala b/ e~  JABO ae,)/
a 0 b Z ) e

Puc. 2.20

Cneo nnockocmu — >5mo 1uHUs nepecederus 3a0aHHOl NIOCKOCMU ¢ 0OHOU U3 NIOCKOCMell
npoexyuil.

COOTBETCTBEHHO PA3UYAIOT TOPU3OHTANBHBIN, PPOHTANBHBIA M TPOPHIBLHBIN CEIbI TIOC-
KOCTH.

3amaHue IUIOCKOCTH CIIEaMM JaeT HambOosiee HarjsiIHOE IPE/ICTaBlIEHHE O MOJOXKEHUU
IJIOCKOCTH B IIPOCTPAHCTBE.

B cucreme aByX miIockocTel MpoeKIMi MIOCKOCTh B OOIIEM CiIydyae UMeeT JABa cieaa (puc.
2.21 a, 6). Touku mepecedyeHus JBYX CIEIOB Ha OCH MPOEKIUI HA3bIBAIOTCS MOUKAMU CX00da Clle-
006. J{11s1 ynpoleHust pereHus 3a/1a4 Ha MPaKTUKe 0OBIYHO MEePEXOIAT OT TAKOro crocola 3aaaHus
IUIOCKOCTH K 33JJaHUI0 €€ IBYMSI NIEPECEKAIOIUMUCS MPSIMBIMUA HYJIEBOTO ypOBHHZZ TOPU30HTAJIBIO,
JIeXKalle B TOPU30HTAIBHON IUIOCKOCTU IMPOCKLUUNA U COBIAJAIOLIEH C FOPU3OHTAIBHBIM CIIEIOM

2Cum. i/mt 2.2.1. TTonmoxkeHue MpIMOi OTHOCHTENILHO TIOCKOCTEHM MPOEKIIUIA.
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wiockocTd /A, U (POHTANIBIO, pacloIararoeiics B0 GPOHTAIBHON IIIOCKOCTH IIPOCKLHT U COB-

NaJAMIeH ¢ pPOHTAIBHBIM ciieoM miockoctd A, (puc.2.21 a, B).

Puc. 2.21

Knaccugukarus miockocTeii OTHOCUTENBHO TUIOCKOCTEH MPOEKINi aHAIOTHYHA KI1acCU(pH-
KallUM NPSMBIX: IUNIOCKOCTH OTHOCHUTEIBHO IUIOCKOCTEH MPOEKUUI MOTYyT 3aHHMMaTh O0llee WU

YaCTHOC ITOJIOKCHHC.

Ilnockocmoio 00uwie2o0 non0ICeHUA HA3LIBACHICS NIOCKOCb He NAPAleNbHas U He nep-
NEHOUKYNAPHASL HU OOHOU U3 NIOCKOCMeEl NPOeKYULl.

I110CKOCTh OGIIEro MOMOKEHHs EepecekaeT BCe ITOCKOCTH mpoekimii (puc. 2.21).2

[Tpu3HAKU U CBOWCTBA IUTOCKOCTH OOIIET0 MOJIOKEHUS:

1) Crnenpl MIOCKOCTH OOIIETO MOJOXKECHUS HE MapajUIeIbHBI U HE MEePICHINKYISIPHBI HU OJTHON U3
OCeH MPOEKIIUH.

2) JIro0oit MIOCKHIA TEOMETPUYECKII 00BEKT (0TPe30K uin (Gurypa), Jiexkauii B TIIOCKOCTH, MPO-
eUpyeTcs Ha JII00YI0 U3 IIIOCKOCTEN MPOEKIUHN C HCKAXKEHHUEM.

II10oCKOCTSIMM YacTHOI'O IIOJIOKEHHMS OTHOCHUTEIBHO INIOCKOCTEH HpOCKHI/Iﬁ Ha3bIBAKOTCA

IJIOCKOCTH apaJlJICJIbHBIC UJIN NCPIICHAUKYIIAPHBIC UM.

IInockocmo, nepneHOUKyIApHas 0OHOU U3 NJIOCKOCHeElU NPOeKyull, Ha3vléaemcs npoeyu-

pyroueit n10CKOCHbIo.

CyuiecTByeT Tpu BHUAA MPOCHUPYIOLUIUX IUIOCKOCTEH: TOPU30HTAIBHO-IPOSHUPYIOIIAs,
(bpoHTABHO-TIpOCIUPYIOIIAs U MPOPUIBLHO-TIPOSIUPYIONMIAs TUIOCKOCTUH. Takue TIIOCKOCTH BHI-
POXKIAIOTCS B MPSAMYIO JIMHUIO (C1€0 npoeKyuil) Ha Ty IIOCKOCTh MPOEKLUH, K KOTOpPOH OHU Iep-

NECHAUKYJIAPHBI.

1. Topu30HTATBHO-MPOEHUPYIONIASI MJIOCKOCTh — MIOCKOCTh NMEPIIEHINKYIIpHAs TOPU30HTAIb-
HOM MJIOCKOCTH MPOEKIUM.

IIpu3HAaKy U CBOMCTBA TOPU30HTAILHO-IPOSHUPVIOMIEN NJIOCKOCTH:

1) TOpU3OHTAIIBHBIN CJIE/ MIOCKOCTH 2 PACIIONaraeTcsi HAKJIOHHO K ocsiM mpoekiwii 0X u Oy u

3 o o
B cucreme TPEX IMIIOCKOCTEU MPOCKIHHU ITJIOCKOCTD OOIIIEro MMOJ0KEHHS UMEET TpH CJICOa.

23



OIIPEIENSIET YIIIbI HAKIOHA ITOM MIOCKOCTH K (poHTanbhoi () u npodunbHoi () mwiocko-

CTAM IPOEKLIHIA;

2) TOpPH30HTAJbHBIC MPOCKIIMU BCEX TOUCK, MPAMbBIX U IJIOCKUX (DUTYp, JIEKAIIUX B TOPU30HTATb-
HO-IIPOCLUPYIOIICH [UIOCKOCTH, HAaXOJTCS Ha ©¢ FOPU3OHTAJIBHOM CJIEe X, €r0 Ha3bIBAIOT

CJIEIOM IIPOCKLIHIA.

75 5
' by
l
% %
/
i
2 [
X B X
A, e
B YK )
17 ' Y
LN
Puc. 2.22

2. (DOpOHTAIbHO-TIPOCHUPYIOIIAA MJIOCKOCTh — IUIOCKOCTh MEPHEHIUKYISpHas (HPOHTATbHON
IJIOCKOCTH MPOEKIUH.

Puc. 2.23

IIpu3Haku U cBoNcTBA (HPOHTAIBHO-IIPOECLUPYIOIEN INIOCKOCTH:

1) QpoHTaNBHEI CIIE TIOCKOCTH 2. PAcIoiaraeTcsl HAKJIIOHHO K ocsM npoekiuit 0X u 0z u ompe-
JIeIIeT yIibl HAKJIOHA ATOM INIOCKOCTH K TOPU30HTAIBHOM (& ) ¥ PO(GUIBHOM (/) MIOCKOCTAM

IIPOCKIUH;
2) (QpoHTaIbHBIC MPOEKIIMH BCEX TOUEK, MPSAMBIX M IUIOCKUX (UTyp, JISKAIUX BO (pPOHTAIBHO-

MPOCIMPYIOIEH TUIOCKOCTH, HAXOAATCS Ha €€ (PpOHTaIBHOM clie/ie 22 .
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3. IIpopuabHO-npoeUpPYOIAs NJI0CKOCTh — IUIOCKOCTb, TMEPIEHAUKYJSIpHAs MPOQUIbHON
IIJIOCKOCTH IPOEKILIAMN.

Z
172 Z
% 33
2‘ ———
o P 3L
X X “ J
5
2
2 11 y 7

Puc. 2.24

IIpu3Haky U CBOMCTBA HDOd)HJ'ILHO-HDOCLIHDVI-OH.IGﬁ IIJIOCKOCTH!

1) ropusoHTANLHBIN U PPOHTAILHBIN CIEIb! ILIOCKOCTH 2 PACIIOIAraloTCs MapalieIbHO OCH IIPOo-
exuuii 0X, a mpodunbHbIi cien HakinoHeH K ocsM Oy’ u 0z. OH onpeaenseT yribl HAaKJIOHA 3TON

IWIOCKOCTH K ppoHTanbHOM () ¥ rOPU3OHTATBHOM (& ) TUIOCKOCTSAM MPOEKIIHIA;

2) mnpoduibHBIE MPOCKIMU BCEX TOYEK, MPSIMBIX U IUIOCKHX (UTYp, JSKAIIUX B MPOPHIBHO-
HpOEHUPYIOUIEH IIIOCKOCTH, HaXOAATCs Ha ee NPOo(UIbHOM cliesie.

H/ZOCKOCI’I’Zb, napaiieilbnasi 00HOU U3 naocKocmell l’lpOQKLﬂ/HZ, Haswvleaemcs RNnJaA0CKOCmblo

YpogH=.

Bce ToukM 3TOM MIIOCKOCTH OJMHAKOBO YAAQJIECHBI OT TOW INIOCKOCTH ITPOEKIUM, K KOTOPOU
OHa napasuienbHa. JIro60il oTpe3ok mim miaockas Gurypa, Jexamue B INIOCKOCTH YPOBHS, IPOELH-

PYIOTCA 0e3 HCKa)KCHUS Ha napaJiyiCJIbHYO €M IJIOCKOCTh HpOGKHHﬁ.

CymiecTByeT Tpu BUAA IJIOCKOCTEH YPOBHS: FOpU3OHTANIbHASA, (POHTANIbHAA U IPOpUIbHAS
IIJIOCKOCTH YPOBHSI.
IImockocTH ypOBHS MEPECEKAIOT TOJBKO ABE IUIOCKOCTH IIPOCKILUMN, II0OITOMY, B OTIIMYHAE OT

paHee PaCCMOTPCHHBIX IUIOCKOCTEM, UIMEIOT TOJIBKO JIBa ClIeAa.

1. T'opu3zoHTaNbHAsA NMJOCKOCTH YPOBHSI — IUIOCKOCTb, MapajuiesibHas TOPU30OHTAIBHON IIOCKO-

CTH IIPOEKIUH.

IIpn3Haku ¥ CBOMCTBA rOPU30HTAILHON IJIOCKOCTH:

1) ¢pouTansHBI ¥ TPOGUIBHBIA Ccliebl MWIOCKOCTH [’ pacmonararorcst mapauienbHO OCSIM
npoexiuit 0X u 0y COOTBETCTBEHHO;

2) (GpoHTaIbHBIE MPOSKIIUH BCEX TOUYCK, MPSIMBIX U TNIOCKUX (QUTYp, JISKAIIUX B TOPH30HTATb-
HOMW TUIOCKOCTH, HAaXOASTCS Ha €€ (PPOHTAIBHOM cielie, MPOopUIbHbIE MPOSKIIUN — Ha Mpo-
¢buibHOM;

3) ropH3OHTAJbHBIC MPOCKIUH IIOCKUX (QUTYp, JIEKAIIUX B IUNIOCKOCTH, PABHBI HX HATYypalb-

HBIM BCJIIMYHWHAaM.
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2. ®poHTAJbHAS MJIOCKOCTH — IJIOCKOCTh, MapajuieabHast PPOHTAIBLHOM IIJIOCKOCTH MPOCSKIIUH.

2 Z
7
© D
£ @
X ] D5 x J
D,
2 1}\ |
H
Puc. 2.26

IIpn3Hakyu ¥ CBOMCTBA TOPU30OHTAILHON IJIOCKOCTH:

1) ropusoHTaNLHBI U TPOGUILHBINA caeapl miockoctu (D pacmonararorcs mapamiebHO OCSIM
npoekuuii 0X u 0Z COOTBETCTBEHHO;

2) TOPH30HTAJbHBIC MPOEKIIUH BCEX TOUEK, MPSMBIX M IUIOCKUX (GUTYD, JSKAIIUX BO (HPOHTATHHOM
TUIOCKOCTH, HAXOJIATCS HA €€ TOPU3OHTAIBHOM Cliele, MPOQIIbHBIE MPOSKIIUU — Ha MPOQHIIb-
HOM;

3) GpoHTaTbHBIE TPOCKIMH TUIOCKUX (QUTYD, JSKAIIUX B IIIOCKOCTH, PABHBI MX HATYPAJIbHBIM Be-

JMYUHAM.
3. IIpopuiabHasi IIIOCKOCTH — IJIOCKOCTb, TapajljieNbHast MPOGUIbHOM MIIOCKOCTH MPOEKIIUH.

IIpusHaku U cBOWCTBA IPOGOUIBHON IUIOCKOCTH:

1) (poHTaNLHEIM U TOPU3OHTAIBHBIA CIEBl IJIOCKOCTH P pacnomararorcst mapaiienbHO 0csiMm
npoeknuii 0z u Oy COOTBETCTBEHHO;

2) (dpoHTaIbHBIC MPOCSKIUK BCEX TOYEK, MPSAMBIX M IUIOCKUX (QUTYp, JEKAIMX B TPO(UIBHOM
IJIOCKOCTH, HAXOJATCS Ha € (PPOHTAIHLHOM Clielle, TOPU30HTATbHBIC MPOCKIIUU — Ha TOPU30H-
TaJIbHOM;

3) mpoduabHBIC MPOSKIIUH TIOCKUX (QUTYD, JSKAIIMX B IJIOCKOCTH, PaBHBI MX HATYpaJbHBIM Be-

JIMYHUHaM.
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Puc. 2.27

Jlexkuyusa 3

3. BBAUMHOE PACIIOJIOKEHUE TOUKHU, ITPSIMBIX
U IIJIOCKOCTEN

3.1. B3anMHoe pacnoJio:keHue TOYKH U MPSIMOii

Bo3MoxHBI 1Ba BapuaHTa pacnooKEeHUsI TOUKA OTHOCUTENBHO MPSMOIi:
1) Touka mpUHAMICKUT mpsiMoit (puc. 3.1 a), Torma, COrIaCHO OCHOBHBIM CBOMCTBAM MPSIMOYTOJIb-
4 v
HOTO npoeunpoBanus , Ha KU ee npoekunu nexaT Ha OJHOMMEHHBIX TPOCKIUAX TPSAMOI.

A el
Acl=> | :
Ay ely
2) TOuKa He MPUHAIUICKHUT npsimMoit (puc. 3.1 6), ecnu XOTs ObI OJJHA U3 MPOCKIIMH TOYKH HE MPH-

HAJUICKUAT MPOECKILUU IIPSMO.

Bk ,
¢:>{ 2k,

B, 2k,

2

A

Puc. 3.1

‘Ccm.m. 1.2
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3.2. B3aumMHoe pacnoJio:keHne NpsiMmbIX

[TpsimMble B MPOCTPAHCTBE MOTYT 3aHMUMATh OTHOCHTEIHHO JAPYT APYra OJHO U3 TPEX IMOJ0-
KEHUU:
1) ObITh MapasICIbHBIMU;
2) TmepeceKaTbes;
3) CKpeumMBaThCs.

Iapannenvuvimu Hazbi6alOmMcs npsmvle, aexcaujue 8 0OHOU NIOCKOCMU U He umeloujue
00WuUx mouex.

Ecnu npsimble mapaiienbHbl APYT ApY-
ry, To Ha KY ux OgHOMMEHHbBIE MNPOCKUIHUU
TOJKE MapauIebHbI (cM. 1. 1.2).

/72.
/‘%\
/7/ m ”n
m||n= e
m [[n

2 2

Puc. 3.2

Ilepecexarouumuca nHasvieaomes npsamvle, nexcawjue 8 0OHOU NIOCKOCMU U UMerouue
00HY 00WYI0 MOUKY.

V¥ nepecekaronuxcsa npsaMeix Ha KY o4
OJTHOUMEHHBIE MPOEKIUH MEePEeceKarTcs B
npoekuusix Touku 4. Ilpuyem ¢dponTambHas a4
(A,) u ropusonTansHast (A ) npoekuuu 3Toi
TOYKH JOJDKHBI HAXOTUTHCS HA OJHOW JTMHHUU L
CBSI3H. >C<
a )
c,Nd; =A
cNnd=A=> q Puc. 3.3
CaNdy=A,

CKpeuueaowmumuca Ha3vl8aomcs npsamole, iexcawue 8 napauileibHbiX NI0CKOCMAX U
He umerowue 0ouUx moyex.

Ecnmu npsmele ckpemmBaromuecs, To Ha K4 ux ogHo-
MMEHHBIE MTPOEKIIMU MOTYT IepeceKaThCsi, HO TOUYKHU Iepeceye-
HUN OJTHOMMEHHBIX MPOEKINN He OyayT JeXaTh Ha OJHOH JIH-

HHUH CBA3U.

Ha puc. 3.4 touka C npuHaiexut npsmoii b, a rouka D

— HpHMOﬁ a. DTU TOYKU HaxoJ4ATCsa Ha OAMHAKOBOM paCCTOSIHHUN
OT (POHTATILHON TIOCKOCTH MPOEKIUNA. AHAJIOTHYHO TO4Yku E
n F mpunaiexar pazHbIM NMPSMBIM, HO HAXOIATCS HA OJHOM

pacCTOSIHUU OT TOPU30HTAJIBLHON MJIOCKOCTH Mpoekiui. [1loaTo-
My Ha KY ux ¢ppoHTaIbHBIE TPOCKITUH COBIAIAIOT.
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3.3. [IpuHaajekHOCTh NPSAMOii U TOUYKH MJIOCKOCTH

Bo3MoxHEI ABa ciiydas pacCliOJIOXKCHUA TOUKW OTHOCUTEIIBHO IINIOCKOCTH: TOYKA MOXKET IIPHU-

HaJIe)KaTh INIOCKOCTH WIIM HE MPUHAJICKATH e (puc. 3.5).

IIpyu3Hak NPUHANIECKHOCTH TOYKH M NPAMON NJIOCKOCTH:

Touka npunadnexcum na0CKOCHMU, eCliU NPUHAONEHCUM NPAMOLL, Jiedcaujeli 8 SMotl nioc-

Kocmu.

Hp;mmﬂ npuHaOﬂeofcum naockocmu, eciu umeem c Hell 06e 061/{4146 mou4Ku uau umeem c

Hell 00HY 00WYI0 MOYKY U NAPALIeNbHA OPY2oll NPAMOU, Jexcaujell 8 IMOoU NIOCKOCMIU.

Ha puc. 3.6 mokazaHa MJIOCKOCTb
@(amb) ¥ npsMmas t, nexamas B ATOM

IUIOCKOCTH, T.K. UMEET ¢ He OOIIYyI0 TOYKY
1 u napannenbHa NpsMOH a.

tnb=1
=tc®(@anb).
t||a

D, el
D, €1,
E el
E, ¢l,

Ha puc. 3.5 um3o0pakeHa IUIOCKOCTH
>(AABC) u touku D u E. Touka D mpu-

HAJJICKUT IUIOCKOCTH, T. K. NPUHAIICKUT
npsiMoit |, mMerorneit ¢ 3Toi MIOCKOCTBIO JIBE
obmue Touku — 1 u A. Touka E HEe mpuHAI-
JEXKUT IUIOCKOCTH, T.K. YE€pE3 HEE HENb3s
MPOBECTH MPSIMYIO, JIEKAIIYI0O B JAHHOU
TJIOCKOCTH.

}:> Del(Al) c Z(AABC) = D eZ;

}:> E¢l(Al) cZ(AABC)= E¢ZX.
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3.4. JIunum ypoBHSA MJIOCKOCTH
Junuamu ypoenusa niockocmu Ha3bl8AIOMCS Npamble, excaujue 8 nI0CKOCmu U napai-
Jle/ibHble 0OHOU U3 NIOCKOCIEU NPOeKYUlL.

CYH_IGCTBYIOT TPU JIMHUU YPOBHA IIIOCKOCTHU: I'OPU3O0HTAJIb IIJIOCKOCTH, (prHTaJ'II) IIJIOCKO-

CTH ¥ TpouITbHAS TPSIMast TIIOCKOCTH.

1. T'opu3oHTaNb MJIOCKOCTH — IpsIMas], JieXkallas B IUIOCKOCTH U NapaljiesibHas TOPU30HTAIIbHON
IIJIOCKOCTH IPOEKIIAMN.

Puc. 3.7

IIpyu3Haku ¥ CBOIMICTBA TrOPU3OHTAIN MJIOCKOCTH:

1) Bce ropH30HTAJIH TUIOCKOCTH MaPaLICIbHBI IPYT IPYTY;
2) (QpOHTANBHBI Clie/l TOPU3OHTAH (TOUKa F) MpuHAIISKUT HPOHTATEHOMY CIIEY IIOCKOCTH;
3) ropu3OHTANbHAs NPOEKIMS TOPU3OHTAIH TTapajljie]bHa TOPU30HTAIEHOMY CIIEy TUIOCKOCTH.

Z

7 5

J
Puc. 3.8
Ha puc. 3.8 npuBeneHa miocKoCTh OOIIETO MOJIO0KEHUS, 3aJaHHas AABC, u MIpUHAJIEKA-
mas e ropuzoHTank h. Eciau miockocTh He 3a/1aHa clielaMy, TO MOCTPOCHUE TOPU30HTANIHN TUIOCKO-
CTH HAYMHAIOT C IOCTPOCHHUS €€ (PPOHTATBHON MPOEKINH, UIYIIeH MmapaieabHo ocu x. T.K. ropu-
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30HTAJIb MPUHAJICKUT TUIOCKOCTH, TO OHA UMEeT ¢ Hei aBe obmue Touku — 1 u C. 3Has ux QpoH-

TaJIbHBIC IIPOCKI NN 1 u C 10 JIMHUSAM CBSA3HM MOZKHO ITOJIYUYUTHh 'OPU30HTAJIBHBIC ITPOCKITNHU 1 n
2 2> 1

C,, a3areM, coeIMHUB MEX/1y COOO, IIOJIYIHTh TOPU3OHTAIBHYIO IIPOCKLUIO TOPH30HTAIIH.

2. ®poHTa]b IIOCKOCTH — NpsMas, JeKaas B IJIOCKOCTH U NapaielibHas GPOHTAILHOMN MI0C-
KOCTH ITPOCKIIHA.

Puc. 3.9

ITpusHaku u cBokicTBa HPOHTAIHU TUIOCKOCTH:

1) Bce QpoHTAIH IOCKOCTH TAPAJUICIBHBI APYT JAPYTY;
2) TOpH3OHTAJBHBINA ciiesl ppoHTaTU (Touka H) MpUHAIICKUT TOPU30HTATIBHOMY CIENy MIOCKO-
CTH,

3) dponTambHas MpoeKiys GPOHTAIN MapaslielibHa (HPOHTATBHOMY CIIE/TY IIOCKOCTH.

Ecnu niockocTs He 3a7aHa cielaMy, TO MOCTPOeHHE (PPOHTAIH IUIOCKOCTH HAYMHAIOT C T10-
CTPOEHHS €€ TOPU3OHTAILHON MpOeKInH, uAylel napamienbHo ocu x (puc. 3.8). T.x. ¢ppoHTanp
MIPUHAJICKUAT TUIOCKOCTH, TO UMEET ¢ Hell 1Be oOmue Touku — 2 u 4. iMes uX ropu3oHTaIbHEIC

NpoeKiun 2; U A, 0 JTMHUAM CBSI3H MOXHO MOJIYYHTh PPOHTAIbHBIC Ipoekuun 2, u A,, a 3a-

TeM, COETUHHUB MEXly OO0, MOIydUTh GPOHTATIBHYIO MPOEKINIO (PPOHTAIIH.

3. IlpopuabHasi npsiMasi MJIOCKOCTH — TIpsiMast Jiexalasl B MJIOCKOCTH M TapajuleibHas Mpo-
¢bmbHOM TUI0OCKOCTH Mpoekuii (puc. 3.10).

ITpusHaku U cBoMcTBA IPOGOUIBHON MPAMOU INIOCKOCTH:

1) Bce npo¢uIbHBIE MPSIMBIE THIOCKOCTH MapaIeIbHbI PYT IPYTY;

2) QpoHTanbHBIA cien npoduiIbHONW mpsiMol (Touka F) mpuHAUIEKHUT (POHTAIBHOMY CIEIy
TUIOCKOCTH, a €€ TOPU3OHTAIIBHBIH ciiesl (Touka H) — TopH30HTaIbHOMY ClleTy TIIOCKOCTH;

3) mnpoduibHas TPOeKIUs MPOPUILHON MPSIMOI NapauiesibHa MPOPHILHOMY CIe/y TNIOCKOCTH.

Ecnu miockocTe He 3afaHa clelaMu, TO IMOCTPOCHHE MPOQPHIBHON MPSMOM TIOCKOCTH
HAYMHAIOT C MMOCTPOEHUs ee (POHTATBLHON MM TOPU3OHTAIBHON MPOEKIUM, HIIYIIHX MEePIECHIUK Y-
nsipHO ocu x (puc. 3.10).
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Puc. 3.10

3.5. B3anMHoe pacnosioxkeHue MmJI0OCKocTel
[InockocTu M0 OTHOLIEHMIO JAPYT K APYry MOTYT 3aHUMaTh JBa IOJIOKEHHUS: ObITh Mapa-
JICJIbHBIMU HUJIN HepeCGKaTBCFI.
[TapanienbHbIC MIIOCKOCTH HE UMEIOT HH OJTHOHM OOIIIeH TOUKH.

Ecnu nnockoctu napamiensHsl, To Ha KY mapamiensHsl HX ogHOMMEHHBbIE cienpl. Ha pu-
cynke 3.11 u300pakeHbl 1Be MapasuiebHbIE TIIIOCKOCTH:

3(21.2,).0(6,,0,)

Y|0=
2, 110,,%, 10,

Puc. 3.11

IIpyu3Hak napajajieJLHOCTH NJIOCKOCTEH:

Ilnockocmu napauiejibHbl, eCili nepecekaroujuecs npsamvle 0O0HOU NIOCKOCU napainjiéiob-
Hbl OGyM nepecexkarnmumci npAmMsbim emopoﬁ njiockocmu.
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)y b),®(c nd
(anb),6(cnd) =2|0.
al|c,bl|d

Puc. 3.12

Ecnu nBe miockocTH He napauiCiibHbl, TO OHHU 00s13aTeNBHO MEPCCCKAOTCA U PE3YyJIbTATOM

HX ICPECCUCHUS ABJIACTCSA IpsAMasd.
PaccMoTpuM cHavaia YacTHBIE CJAy4au EPeCceUCHHE JABYX IIOCKOCTEH.

Opumep 1. Ilepecexaiomesn nnockocms obwezo nonoxcenus O(K MM) u 2opusonmanvho-

npoeyupyrowas n1I0CKOCms 2(21) , 3A0AHHAS CTLEOOM.

DTOT ciiydail sSIBJIIETCS OCHOBOM ISl PEIICHMS 3a/1a4 Ha TIepeceYeHHe MII0OCKOCTEN B 00IIemM
BUJC.

Tak kak ofHa W3 3a/laHHBIX IUIOCKOCTEH MPOELUpPYIOLasi, TO BCE NT€OMETPUUECKHUE IIIEMEH-
ThI, BKJIIOYAsl M JIMHUIO TEPECCUCHHs IUIOCKOCTeH |, cripoenupyroTes Ha cieq 3TOH IUIOCKOCTH.

Ha KY ropusoHTanpHas nNpoekuus Ju-
HUU TIEPECEUYCHHS OINPEACNACTCS HCXOAS U3
MPUHAJIC)KHOCTH €€ TPOCHUPYIONIEH TIOCKO-
CTH 2, a (poHTaNbHAsA MPOEKIUSA — IO IPHU-
HAJIJIEXKHOCTH BTOPOM 3aJaHHOM MJIOCKOCTH.

13111, =1, =3,
21c®< (1 nm=11]k)

Puc. 3.13

H[}I/IMC[Z 2. HepeceKaiomc;z njiockocmu 06W€20 NOJIOHCEHUA, 3a0aHHble Cledami.

NeX » @

Y~ = MM =
M } T = W) =

Puc. 3.14
33



B stom cJIydac CJICObl MIOCKOCTH NCPCCCKAKOTCA B MPCACIax YCpTCiKa, CIACAO0BATCIIbHO, JIN-
HHUA IICPECCUCHUS 3TUX IIOCKOCTEH CTPOUTCA IO ABYM TOYKaM, SBJIAOIMUMCA CJICAaMHU JIMHHUU I1C-

peCcCUCHUs, KOTOPBIC HAXOAATCA B TOUYKAX MEPCCCUCHUA OAHOMMCHHBIX CJICIOB IUIOCKOCTEH.

s nocmpoenus TuHUU nepeceveHus niaocKocmell B o0IEM CIydae HeoOxooumo Hatmu
06€ MOUKU, OOHOBPEMEHHO NPUHAOLEHCAWUe FIMUM NIOCKOCHSM, UL OOHY 0OUWYI0 MOYKY,
eciu U36eCMHO HANPAGIeHUe TUHUU NepeceyeHus.

Hampasnenue nuHuy nepecedeHust U3BECTHO B TOM CIIydae, €ClIu:
1) mnepecekaronMecs IIOCKOCTH COJEPKAT B3AUMHO-TIAPAILICIBHBIC TIPSMbIC (JIMHHS MIEPECCUCHHUS
MJIOCKOCTEH MmapasuiesibHa 3TUM MPSMBIM);
2) JIBe MepeceKarolInecs MIOCKOCTH NePICHUKYIISPHBI TPEThEH TIIOCKOCTH (JIMHUS MepecedeHHs
NEePIEeHIUKYIIIPHA 3TOH MII0CKOCTH).

OOmast Touka IS
JBYX HIEePECEKAFOIIUXCS
IUIOCKOCTEH B 0O0IEM CITy-
yae ompeaensercs ¢ Io-
MOIII0 BCIIOMOTaTeIbLHOM
IJIOCKOCTH YaCTHOIO II0-

JIOKCHHSI, TaKXKe Iepece-
Kalllneld 3aJaHHble IJI10C-

KOCTH IO TpsAMOH (puc.

3.15). Puc. 3.15
OO6uwii cnyyait: Ilepecexkaromes niockocmu 06uje2o noa0HCeHUs.
>(AABC),0(h nk)
=20 '

Puc. 3.16

1.I() || T, 41'("5 ) | T4
2I'mX=d,I'mn®=h. 5I'mnZ=g9,I"'"m®=h". 7Z2NnO=I(N,M).
3dnh=N. 6.gNnh'=M.
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Jekuyusn 4

3.6. B3aumHoOe pacnoJiokeHue MPsIMOM M MJIOCKOCTH

JJ1s IpsSIMOIA M TUTOCKOCTH BO3MOYKHBI TPH CITydasi X B3aMMHOTO PaCIIOIOKEHUS:
1) mpsiMast THHUS MOXKET IPHHAIUICKATD IIOCKOCTH
2) OBbITh MapajuiebHa INIOCKOCTH;
3) mepecekarbes ¢ HEl.

3.6.1. Hapannenvhocmov npamoii u naocKocmu

IIpy3HaK napalieJbHOCTH NPSAMOM M ILIOCKOCTH XO0pomo H3BCCTCH M3 KypCa CTCPCO-

METPUHU:

Ilpsaman napannenvHa nAOCKOCHU, eClu OHA NAPALIENbHA NPSIMOU, NpUHadiedcauel
3MOU NAOCKOCIIU.

LaHo:
/ S/H/"‘)f/
L N2 =P
b
4
LN b
/_,,.//[7: NS = 1Y

Puc. 3.16

3.6.2. Onpeoenenue euoumocmu na K4

Jns ymydmeHus: HarjisigHOCTH u300pakeHu#, 3amaHHblx Ha KUY, mpuHATO BUAMMBIC IS
HaOTI0aTeIsl JIMHUH TTOKA3bIBATh CIUIONTHBIMH, @ HEBUIUMBIE — IITPUXOBBIMH JTHHUSAMU. [Ipu sTOM
MperoaaraeTcs, 4ro:

1) TUIOCKOCTH M MTOBEPXHOCTH HEMPO3PAUHbI;
2) nyd4 3peHHs OT HAOJIr0aTeNst BCEraa MOnaaaeT MePIeHIHKYIIPHO K TOM TUIOCKOCTH MPOCK-

LM, OTHOCUTEIIbHO KOTOPOW OMPENEAETCS BUIUMOCTD.

Ha pucynke 3.17 3agansl 1B€ Iapbl TOYEK:

1) Touku A U B, HaXOAAIIKECS HA OJHOM MPOCIUPYIOIIEM JTyde, HATPABICHHOM MEPIIEHIUKYIISIP-

> 3a/1a9a IPUHAIECKHOCTH PACCMATPHBAIIAC B I1. 3.3.
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HO TOPU30HTAJIBHOM IJIOCKOCTH MPOEKLIUN Hl ;

2) Touku C u D, yepe3 KoTOpbIe MPOXOIUT MPOCIUPYIOIIMI JIyd, MEPICHAUKYIIIPHBIA (pOHTAIB-

HO#t Iockocty mpoekuuit [1,.

IT
A, ) A:
Budurocmes Ha 11,
P A =8
B 5, z,> zz = A budura
G0 b,
’ Budurocme Ha 11
B [ [i = D:
V> )y = 0 budura
X
0
; e
A, =B )
Puc. 3.17

HeoOxonumo onpeaenuTs BUAUMOCTh TOYEK OTHOCHUTEIBHO TOPU3OHTAIBLHON U (DpOHTAIb-
HOU IIOCKOCTEN MPOEKILUH.

Ecnu na K4 kaxue-1ubo 0ee npoexyuu mouex cognaoarom, mo ois Habnodamens 6yoem

suouma ma mouKa, npoexkyus Komopoﬁ Haxooumcs oanbuie om ocu npoem;uﬁ.

Touku A u B, C u D naspIBaroTcs TOYKaMH, KOHKYPUPYIOIIHUMU B BUJUMOCTH, 4 CaM METOJ
ONpeCaACICHNSI BUAUMOCTH — METOA0OM KOHKYPHPYIOIIUX TOYCK.

Koukypupyrowumu 6 suoumocmu moukamu Ha3vl8aomcs mouku, jexcaujue Ha 0OHOM

npoeyupyrowem iyie, Ho npuﬁadﬂeofcamue PA3HbIM ceomempuiecKum obvexmanm.

3.6.3. Ilepeceuenue npamoii ¢ nj10CKOCMbIO

[Tpsimast Ha3bIBaeTCs EpPECEKAIOLIEH IIOCKOCTh, €CIIM OHA UMEET C HEel TOJIBKO OJIHY OOLIYIO
TOUKY. PaccMOTpHUM paziuyHbIe clTydyau epecedeHusl MPSMON 1 TII0OCKOCTH.

YacTHble clIydau:

H[!I/IMe[! 1. Hp;ma}z — npoeyupyrouiast, njioOCKOCmb — YadCmMHO20 NOJIOHCEHUAL.

Ha KY HeoOxoIuMoO MOCTPOUTH MPOEKIUH TOYKH MEepEeCceueHus MPsIMON C IIIOCKOCTHIO U
OTIpeACTUTh BUIUMOCTb 3TON MPSAMOM OTHOCUTEIBHO FOPU30HTAILHON U (PPOHTATILHOM MIIOCKOCTEN
MIPOCKIUH.

Touka K nomKHAa OZHOBPEMEHHO IIPUHAJIEKATD U IPSAMOM, U IVIOCKOCTH.

1) T'opu3OHTANBHYIO MPOCKIMIO TOYKH TEPECCUCHHs HAXOAMM M3 YCIOBHS NMPUHAUIC)KHOCTH €
npsimoit 1. Tak kak Bce TOYKH, JIeKAIIUe Ha TOPU30HTAITBHO-TIPOCLUPYIONIEH MPSIMOM, COBIaIa-
0T C ee cienoM: Ky =ly.
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2) Omnpenenenue (GPOHTAIBHOW MPOCKIIMU
TOYKH TEPECEUCHUs] CBOJAUTCS K 3a/ade
Ha TIPUHAJICKHOCTh TOYKH K TUIOCKO-

CTH X °

K ec,

XocoO K= .
K, ec,

LlaHo:
£l T,
Sla i b)
Asira2e

Puc. 3.18

[Mpumep 2. Ilpamasn — 0b6we2o nonodxicenuss, nI0CKOCMb — NPOEYUPYIOUas.

Laro.
ST,
A=Y
/_.‘
/
.
.
.
S
/\/\
Puc. 3.19

OOwui ciay4yan:

B nanHOM ciydae ppoHTanbHas Mpo-
€KUMl TOUYKH NEPECEUEHUsI JIEKUT Ha Clele
IUIOCKOCTH

K eX,.

IlocTpoenne HemocTawLEl ropu-
30HTQJIBHON NPOEKLUUU TOUYKH IEPECEUCHUs
CBOJMTCA K 3aJadye Ha IPHUHAIIEKHOCTH
TOYKH IIPSMOA:

Kel=(, el,,K, €l).

[lepeceuenue npsamoii 0b6we20 noONOHCEHUs C NIOCKOCMbIO 00We20 nonoxcenus (nepnas

OCHOBHAas IMMO3UITMOHHAaA 3anaqa).

B obmem cinydae 3amada Ha mepece-
YEHUE MNpPSAMON C IUIOCKOCTBIO PEIIAETCs C
MOMOIIBI0  BCIOMOTATEIIbHOM  CEKYIeH
IUIOCKOCTH, Ha KOTOPYIO HAKJIaJbIBAeTCs Psiji
YCIOBUIA:

1) oHa A0KHA OBITH MIIOCKOCTHIO YAaCTHOTO
MOJIOXKEHHUS;

2) IOIDKHA TIPOXOMUTH dYepe3 3aJaHHYIo
PSIMYIO

Puc. 3.20
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TopsinoK HaX0KIEHUS TOYKH IEPECEUEHU IPSIMOU C IIIOCKOCTRIO:

1) Yepes npsimyto | mpoBoauTes BerioMoraresbHask INIOCKOCTh YacTHOTO nosokenus © .

2) OmnpezensieTcst IUHAS TIEPECEYEHHUs BCIIOMOTrATeIbHOM MIocKocTd ® ¢ 3a7aHHOM MIIOCKOCTBIO
¥(AABC).

3) Ha nepeceuenun aunuu nepeceuenus miockocreit 0 (1,2) ¢ 3amannoii npsamoii HaxomuTCes Touka

K, apnsromascs MCKOMOM TOYKOM.

Aaro: 1 l=e/@, )T,
L SIMBO | 2 aHZ=d12)
(=Y 3 a=K=NY
Budurocms Ha 171 -
13-km
1eX. 3l y,>y;, =>(3K] He budva
Budurocme Ha 11 ;-
4 5-km
5y el z, 5z =4 K] budha

Puc. 3.21

Jexyus 5

4. HEPIIEHAUKYJSAPHOCTb TEOMETPUYEKCKUX OFBEKTOB
4.1. IIpoenupoBaHue NPsIMOIo yrja
B oOmem ciydae ruiockuil yros mpoeru- A
PYETCA Ha IIIOCKOCTh HpOGKHI/Iﬁ C UCKaXCHHECM.

Bo3bmeM 1Be mpsiMble OOLIETO IMOJIOXKE-
st | m K. TIpsimas | mepecekaer ropu3oHTab-

HYIO [UIOCKOCTh MPOCKIHIA MO YIJIOM @, a Ipsi-
mas K — mox yrimom «’. Mexay co0oil mpsiMbie
HePECeKAIOTCS TMOJ] MPOU3BOIBHBIM YIIIOM (.
[IpsiMOyTOIBHAS TIPOEKIIHS YTJIA (1 OTPEIeIIseT-
cs o hopmyie:

cos@ —sinasina'
Cosgy = —. Puc. 4.1
COS @ COS &

ITycte ¢ =90°, cose =0, Tormanpu o #0,8#0.

cos sinasina!' ——
| =———=-lgago .
1 CoS Ccos '

IIpu =0, 0, cos g = 0, cnegoBarensHO, P = 90°.
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TeopemMa 0 IpoeNMPOBAHNH NPSIMOI0 VIJa:

IIpsmori yeon na niockocms NPoeKyull npoeyupyemcs 0e3 UCKAdX@CeHuUsl, eciu, no Kpati-
Hell Mepe, 00UH U3 e20 Jydell napaiesied 3Mou ni0CKOCMU NPOeKyul.

[Tycte npsmbie 1(AB) u K(AC) nepecekarorcst
noj npsmbiM yriom. [lpsimas | mapamiensHa ropu-
30HTAJILHOM IIJIOCKOCTH NpoeKuui. Toraa:

AB 1 AC(no ycnosuio)
1, = AB L ©(AC N Ady).
AB 1 AAl

2. 4B L A4C,.

Puc. 4.2

Bee mpsiMble, JIexamuye B mIOCKocTd ® |, Ha rOpH30HTaIbHYIO IIIOCKOCTH IPOEKIHMH Mpo-
ELUPYIOTCS TIEPICHIUKYIISAPHO CIIEAY IUIOCKOCTH 2 .
Hpumep: Ilocmpoums nepneHOUKyIap u3 mouku A k copuzonmanu.

LaHo: A
4 h A IL, AR_Lh<<AKLh
AK LA

B h C

Ve
Puc. 4.3
4.2. Jluaug Han0o0JIbIIEr0 HAKJIOHA IJIOCKOCTH

Hp}lMCl}Z, Jaescawiast 6 niockocmu u o6pa3yiomaﬂ C njlockocmviro npoekuud HauboIbuULL
Yeoa, Haszvleaemcs JIUHUEI HAUDOOIbULEZ0 HAKIOHA NIOCKOCHIU.

Jluany HaMOONbBIIEro HAKIOHA MEPIEeHIUKYISIPHBI K COOTBETCTBYIOIIUM JIMHUSM YPOBHS
IUIOCKOCTH.

Yron Mexy TMHUeW HauOOJbIIero HAKJIOHA U TIOCKOCTHIO TIPOEKIIMI paBeH yriTy HaKJIOHA
caMoO#l TMJIOCKOCTH K 3TOW IUIOCKOCTU HpoeKuuil. [103ToMy ¢ MOMOLIBI0 ATOM JUHUM OMPEAEsIOT
JBYXTPaHHBIE YTJIbI MEXAY 33JIaHHOM MJIOCKOCTHIO U COOTBETCTBYIOIIUMH INIOCKOCTSIMU MPOEKIIUH.
Teopema:

Lpsmvie, nexcawue 6 niockocmu U NePReHOUKYIAPHbIE COOMBEMCMEYIOWUM TUHUAM YPDOBHS
NAOCKOCMU, AGNSIIOMCSL TUHUAMU HAUOObLUE20 HAKIIOHA.
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Bo3pMeM mIIOCKOCTH 00IIETO
HOJIOKEHUST X, HAKIOHECHHYIO I10[
YIJIOM (' K TOPU30OHTAIBHOM ILIOC-

koctu npoexuuit I1;. Ilposenem B

Heil ropu3oHTalb h U 1Be aMHUU 00-
1IEr0 MOJIOKEHUS — MpsIMYy10 AB, nep-
MEPIEeHIUKYIAPHYIO TOPU30HTAIHU, U
MIPOM3BOJILHO HAKJIIOHEHHYIO MPSIMYIO
AC.

Puc. 4.4

B pesynbrare nocrpoenuii yron LABC npamoii. Jluauio 4B noBepHEM BOKPYT HPOEIH-
pytomero nysa AA no cosmemenns ¢ mwiockocteio yraa ACA. U3 pucyska BuaHO, 4TO
Za > Za®. 3naunt, npsMas AB HakioHeHa K ockoctd mpoekuuit 11, mox Gonbummm yriom.

HOBTOMy MMEHHO OHA Ha3bIBAeTCH JIMHUEH HauOOJIBIIIEro HaKIOHA.

Hpumep: Onpedenums Oeticmeumenvuylo senuyuny yena naxiona niockocmu (8 ND) x zopu-

30HMANBLHOU NJIOCKOCU I’lpO@KI/;Z/lL?.

1 h=, A1 1T
2l —ann x IT<= (. LLh-1E;]

Fa=11"11/=-15"11/

Puc. 4.5

AHAJIOTMYHO HAXOJAATCS YIJIbl HAKJIOHA TUIOCKOCTH K (PPOHTAIBHON U MPOPHILHON MII0CKO-
cTsM npoekiuid. JI.H.H. K ppOHTANBbHON MIOCKOCTH MPOEKUUI NMeprneHauKyIspHa (GpoHTaIN II0C-
KOCTH, a JI.H.H. K TPO(UIBHOM MIIOCKOCTU MPOEKIHMHA — MPOGUIBHOM MPSIMOI MIIOCKOCTH.

4.3. IlepneHAUKYJAPHOCTH NPSAMOM U IJIOCKOCTH

U3 xypca 3reMeHTapHON Te€OMEeTpUN U3BECTHO, YTO MPAMAs NEPHEeHOUKVIAPHA NIOCKOCMU,
ecniu OHA NePReHOUKYIAPHA 08YM NepecekaomuMcs npsamsvim amot niockocmu. Ho, ucxoas us teo-
pPEMBI O MPOELHUPOBAHUU MPSIMOTO YIJIa, MEPIEHIUKYISP, MPOBEACHHBIN K MPSAMbBIM OOILIEro Mmoio-
xenusi, Ha KU npoeuupyercs ¢ uckaxenuem. [1o3ToMy NpuUMEHHTENBHO K HAaYepTATEIbHON T€O-
METPUH MPHU3HAK NEPIEHANKYISIPHOCTH MPSIMOI U MIIOCKOCTH (POPMYIUPYETCs CAEAYIOUMM 00pa-

30M.
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Ipu3Hak nepuneHIMKVJIAPHOCTH NPAMOI H NJIOCKOCTH:

Ipsmas nepneHOUKYIApHA NAOCKOCMU, eCiu OHA NePREeHOUKVIAPHA 08YM NepeceKkaryum-
€Sl TUHUAM YPOGHSL IMOUL NAOCKOCMU.

OTO CBA3aHO C TEM, YTO TOJBKO K JIMHHUAM YPOBHS Ha IUIOCKOCTAX IMPOEKIMH MOYHO IO-
CTPOMUTH IPSMOM yroi 6e3 uckaxkeHus. B kauecTBe JIMHUN ypOBHS IJIOCKOCTH, IIPH PELICHUH 3aa4
Ha TEPHEHIUKYISPHOCTh T€OMETPHUECKUX OOBEKTOB, OOBIYHO BHIOMPAIOT TOPU3OHTAIL M (PpOH-
Talb.

Bo3pMeM mi1ockocTh OOIIEro mojioxe- y 77 Y
HUS 2. W TPOBEIEM B HEH TOPU3OHTAIb H o ‘
¢dbpoHTanb. 3aTeM U3 TOYKH NEPEeCceYeHHUs JIH-
HUW YpPOBHS IUIOCKOCTH BOCCTAaHOBUM IEp- £

neHauKymsap AK. A /(2 " / d

Ha ocHoBanuu Teopemsl 0 mpoenupo-
BAHUU IPSMOIO YIJla 20PUBOHMANbHAA NPO- /

eKuus nepneHduKypra K njockocmu 061/1/;620 / |

nonoocenus na K4 pacnojiazeaemcsia nepnen- —~

{

A
/
/s

auKyﬂﬂpHO 20pu30HmCl]ZbH01:i npoexkyuu copu- — 2 \—ﬂﬁ/

30Hmaiu niockocmu, a C‘JZ@OOSGmeﬂbHO, u K

ee 20pU3oOHmMANbLHOMY Cledy, a PpOHMANbHAA A, 77
7

npoeKyus NnepneHOUKyIaApa — poHmanbHou

npoeKkyuu GpoHmanu u QpPOHMaAILHOMY cle- Puc. 4.6
0y.
[pumep: U3 mouku A npogecmu nepnenoukyaap xk niockocmu X(h N f) u naiimu eco ocnosa-

Hue.

ﬁ)f 1Ael L X< L1k LIf
2 lcee,) L IT
EONI=(1-2)
(1-2I~A =Kl
AKLS

2 p=f,

/N

Puc. 4.7
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Yacrtublii cnyyaii: Ilpamas nepnenOuxyisipHa npoeyupyroweti R10CKOCmu.

B »sroM ciywae mneprneHAuKyIsSpHas
npsiMasi OyJIeT SIBISIThCSI TMHUEH YPOBHS M Ha
KY nepnenoukynsaprvimu 6yoym 6uipodscoen-
Hasl NPoeKyust NI0CKOCmuU (cied npoexyutl) u

coomeemcmeyrwas npoexkyusl np&moﬁ

Puc. 4.8

[pumep: Haiimu paccmosinue om mouku A 0o hponmanvruo-npoeyupyioweti niocKocmu 2(22) .

1 SIS, )T,
AeflS = FITT

2 KefAS

3 MK IR

Puc. 4.9
4.4. IlepnneHAUKYJAPHOCTDH IJIOCKOCTEH

IIpy3HaK NepNeHINKYJIAPHOCTH IJIOCKOCTEH:

IInockocms nepneHOuKynsApHa Opy2ol, eciu OHa nPOXooum yepe3 NepneHOUKyIap K dmou

njiockocmu.

Ilnockocms nepnenoukyiapHa Opyeol NIOCKOCMU, eClU OHA NEePReHOUKVIAPHA NPIMOL,
Jexcawjeli 8 3mMoti NJI0OCKOCMIU.

Wrak, 3Has1, Kak pacnoJiaratoTcs NpOeKUUH MPSMOM, NMEPIIEHAUKYISIPHOU IIJIOCKOCTH, JIETKO
CTPOUTH B3aMMHO-TIEPIEHANKYJSAPHBIE IIOCKOCTH. Mcxoas w3 mpu3Haka NEpHEeHIUKYJISIPHOCTU
IIJIOCKOCTEN MOYKHO:

1) mocTpouTh MEPIEHIUKYISIP K 3aJaHHOW IJIOCKOCTH M 4epe3 Hero MpOBECTH MCKOMYIO TLIOC-
KOCTb
WIn
2) B 3aJaHHOMW TUIOCKOCTH B3SITh MPSMYIO U TIEPICHAUKYIISPHO €if MPOBECTH UCKOMYIO TIOCKOCTb.

B n1r060M u3 3THX ciydyaeB 3amada OyaeT UMeTh 0eCUHCIEHHOE MHOXKECTBO PEIICHUH, eCIH

Ha UCKOMYIO IIJIOCKOCTh HE HAJIOXKEHBI IONOJIHUTEIbHBIE YCIOBHUS.
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PaccmotpuM fBa mpumepa noCTpOCHUS NEPIEHAMKYIIAPHBIX INIOCKOCTEN.

Hpumep: Yepes mouxy A nposecmu niockocms, nepnenouxysapuyio niockocmu 2(a||b).

Bapuanm 1:

I h (=%
2 Ael LS LA [LF
3 Aep

OllHplly

Puc. 4.10

HoBas miockocTh 3a7iaHa IByMsl IIepeceKaroluMUCs MPSIMBIMU, OJHA U3 KOTOPBIX OTBEYAET
YCJIOBHIO TIEPIICHIUKYISIPHOCTH TIOCKOCTel (mpsimasi |), B 3aBUCHMOCTH OT BBIOOpa BTOPOI Mpsi-
MO, MCKOMasl IUIOCKOCTh MOXKET 3aHMMaTh Pa3IM4YHOE IOJIO)KEHHE B NPOCTpaHCTBE. B maHHOM
ciiyyae mpsiMasi P — IpoQUILHO-IPOCHUPYIOIIas, CIEJ0BAaTENbHO, caMa INIOCKOCTh SIBJISETCS MPO-
(GUIBHO-TTPOEUPYIONIEH MIOCKOCTHIO.

Bapuanm 2:

AcOhILbY = Oyl LS

A,

Puc. 4.11
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4.5. IlepneHAUKYJISAPHOCTH NMPSAMBIX 001IEr0 MOJI0KEHMSI

IIpu3HaK mepueHIHKYJIAPHOCTH NMPAMbBIX:

IIpamvle 83aUMHO NepNeHOUKYIAPHYI, eCcliu Yepe3 OOHY U3 HUX MONCHO Npo8ecmu Nioc-

KOCMb, NepneHOUKYISAPHYIO 6MOPOLL NPAMOLI.

Bo3bMeM mpsMyro 00IIETo MOJOKESHHUS
| u Touky A4, He nexkamyro Ha Heil. J{is Toro
94TOOBI TIPOBECTH MEPICHIAMKYIISAP U3 TOYKH K
npsMOH, HEOOXOAMMO, Cleays HpPU3HAKY
HEePICHIUKYIIPHOCTH, Yepe3 TOUKY 4 MmpoBe-
CTH TUIOCKOCTb, TEPIEHAUKYISAPHYIO 3a1aH-
HOW TMpsIMOM, 3aJaB €€ TOPU30HTAIBI0 H
bponTansio. JIrobas npsamas, exainas B 3Tou
IUIOCKOCTH, Oy/IeT MepIEeHIUKYIIAPHA MPSIMOMA
|. Hanpumep, npsimbie | 1 M — meprieHIuKy-

JIIPHBIC CKPCIIMBAIOIIUCCS ITPAMBIC.

Puc. 4.12

Eciu TpeOyercs MOCTpOUTH NepeceKaroluecs: MeprneHANKYyIsSIpHble NpsMble, TO cHaudaia

HEOGXO/IMMO HaiiTH TOUKY MepecedeH st psaMoii | 1 mepren Ky IspHoil K Heil miockocTr X ° .

[pumep: Onycmums nepnenouxynsap uz mouxku A na npsmyio |.

4
A, L A @
/\/:

7

1 AeSIhrfILl =LA [Lf
2 e/, 1T,
GN3=(1-2)
(1-2I =K
ARSI =AK L

-
/ /=@

Puc. 4.13

®cm. m/m 3.6.3
44



Jexuyus 6

5. MIPEOBPA3OBAHUE U30BPAKEHUN. YETBIPE OCHOBHBIE
3AJIAYM HAYEPTATEJBHOM TEOMETPUN
s ynpouieHust pemeHus METPUYECKUX, a TaKKe HEKOTOPBIX MO3ULUOHHBIX 3a1a4 MOTYT
MPUMEHSATHCS METO/IbI, TIO3BOJISIOLINE MEPEXOAUTh OT 3aAaHus GUTYp OOIIMX IMOJIOKEHHH K 4acT-

HBIM. DTH MCTO/JAbl OCHOBBLIBAIOTCSA HA JABYX IIPUHOUIIAX!

1) 3amemieHre CUCTEMBI IUIOCKOCTEH MPOEKIM Ha HOBYIO CHCTEMY IUIOCKOCTEH, B KOTOPO#l Hemo-
JBY)KHBIA T€OMETPHUCCKUI 0OBEKT 3aHMMAET Kakoe-T100 4acTHOE MOJIokKeHue (crmocod 3ame-
HBI IJIOCKOCTEH NMPOeKIHii);

2) mepeMelIcHHEe T€OMETPHUECKOro 00BEKTa B MPOCTPAHCTBE TAaKUM OOpa3oM, 4TOOBI OH 3aHSII
KaKoe-ITM00 YacTHOE IOJIOKEHHUE B HEMOABIIKHON CHCTEME ILIOCKOCTEW mpoekunuii (cmocod

BpalleHus).

B 3aBucHMOCTH OT pacroyioKeHHsI OCH B MPOCTPAHCTBE, BOKPYI KOTOPOW BpalIaeTcsl Ieo-

METPUYECKUN 00BEKT, Pa3INYaIOT CISAYIOIME BU/IbI CII0CO0a BPALCHUS:
1) BpauieHue BOKPYT JIMHUU YPOBHS;

2) BpallleHHEe BOKPYT IPOCIUPYIOLICH MPSMOii;

3) IUTOCKO-TIApAIETBHOE ITEPEMEIICHHE.

OTH CIIOCOOBI HpeO6p330BaHI/IH BKJIIOUAIOT B ceOs YE€ThbIPpEC OCHOBHBIC 3aJa4Yu Ha4vepTa-

TeJ1bHOW reOMEeTPHUM:

1. Ilpeobpaszosarnue KOMNIEKCHO2O Yepmedtca MmaKkum oopasom, ymoowvl npsamas oowezo no-

JIOJHCEHUS CMAna JTUHUell YPOGHAL.

2. Ilpeobpaszosanue KOMNIEKCHO2O Yepmedtca maKum 0opazom, 4moodsl TUHUS YPOGHS CIANA

npoeyupyrouei npsamMou.

3. Ilpeobpaszosanue KOMNIEKCHO2O Yepmedca maKum 00pazom, umoodwvl ni0CKOCmb 00uje2o

NOJIOHCEHUA cmaa npoeuupyiou;ed NJ10CKOCMbIO YPOBHAL.

4. Ilpeobpazosanue KOMNIEKCHO20 Hepmedca Makum o00pazom, umodvl Npoeyupyrowas

NnJ10CKOCmMb cmajla niloCKOCmMbsvio YpPOBHAL.

5.1. MeTtoa 3aMeHBbI IJIOCKOCTEH NMPOeKIM M

CyIIHOCTB 3TOr0 METO/1a 3aKJIF0YAETCSI B TOM, YTO MPOCHUPYEMbIii OOBEKT HE U3MEHSET CBO-
€ro TOJIOXKEHHUS B MPOCTPAHCTBE, a 3aMEHSAETCS CHCTeMa TUIOCKOCTeH MpoeKIuid. MoxkeT ObITh 3a-
MEHEHa OJIHa, IB€ U OoJiee TUIOCKOCTe!. 3aMeHa MPOU3BOAUTCS 10 TEX MOp, OKAa FeOMETPUYECKHM
O0OBEKT HE 3aiiMeT YacTHOE MOJ0XKEHHE OTHOCUTENIFHO HOBOM IMJIOCKOCTH Mpoekuuid. [Ipu sTom HO-
Bas IJIOCKOCTh J0JKHA OBITh MEPIEHANKYIISIPHA OCTABILEHCS «CTapOi» TIOCKOCTH MPOEKIIHMA.

Bo3bMmem TOUKy A, pacnoyIO)KEHHYI0 B OPTOTOHAJIBHOM CHCTEME IUIOCKOCTEM MPOEKIIMI
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IT

2 o
—, ¥ [OBEPHEM BOKDYT HEe TOPU3OHTANIBHYIO ILIOCKOCTH mpoekuwmii I1; B monoxenue [z, mo-
1

IT

o o 2
JY4UB TaKMM 00pa3oM HOBYIO OPTOTOHAJIBHYIO CHCTEMY IUIOCKOCTEH mpoekuuid —— . [Ipu sTom
H 5
JIOJDKHO COOJTFOAThCS CIIEIYIOIIEE YCIOBHE:
Paccmosinue om mouku 0o «cmapotiy niockocmu npoekyull 8 Ho8ou cucnmeme ni0CKOCmetl
npoexyutl 00JINHCHO OCMAMbCS HeUSMEHHBLM.

I1, > II,
IT, LIT,

|A4,|=|4,A4,,| =|4,4

5 25‘

Puc. 5.1

1 ocnosnas 3aoaua. IlpeoOpa3oBaHHeM MPSMOI OOIIETO MONOKEHHUS B MPSAMYIO YPOBHS MOKHO

ONPENIETUTH:

— HaTypaJlbHYIO JUIMHY OTpe3Ka;

—  YIJIbl HAKJIOHA MPSIMOM K IIJIOCKOCTSIM ITPOEKIUH.

5}

'

[N IT e 0 L)
5 11 11
“ 17 B, /—LJY_f//\/.~F—U~/

Ac=B; =,

Puc. 5.2
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2 ocnoeuas 3ad0aua. C TIOMOIIBIO MPeoOpa3oBaHUs MPSMON YPOBHS B MPOCIUPYIOIIYIO MPSIMYIO
MOYKHO HAWTH:

— paccTOosIHUE MEX]Ty TOUKOM U MPSIMO;

— pacCTOsSIHUE MEXKY MMapajuIeIbHBIMU WU CKPEIIUBAIOIIUMHUCS IPSIMBIMU U T.I1.
3 ocHosHas 3a0aua. Ilpeobpa3oBaHreM IMJIOCKOCTH OOLIETO MOJOKEHUSI B MPOCHHUPYIOIIYIO IJI0C-
KOCTb MOYKHO OIIPEJICIHUTD:

— paccTOsiHUE OT TOYKH JI0 IJIOCKOCTHU WIIM PACCTOSIHUE MEXAY HapaslieIbHbIMU IIOCKOCTSAMU;

— YIJIbI HAKJIOHA IJIOCKOCTH K IIJIOCKOCTAM HpOGKLIPIﬁ.

4 ocHnosHnas 3a0aua. IIpeoOpazoBaHHEM MPOCHUPYIONMIEH TUIOCKOCTH B TUIOCKOCTh YPOBHSI MOXHO
HaWTH:

— HaTypaJbHYIO BEITUYHHY IUIOCKON (UTYPHI;

— YTr'oJI MEXy MepeceKaroUMUCS MPSMBIMU;

— OCHTP OIMMCAHHOM WJIA BITMCAHHOM OKPYXKHOCTH;

— IIOCTPOUTH 6I/ICCGKTpI/Icy yrija U T.II.
2 1 h=STIAABL)

AL Yy v WY,
£ o irm ‘.

, o=tz o, ST

o 3L oy s
17 1 1L N

/A:B: C. I-IABLT

Puc. 5.3

5.2. BpameHnue BOKpPYr JIMHMU YPOBHS

B orinuume oT MeTona 3aMeHBl MIIOCKOCTEW MPOEKIIN, BpalleHUeM BOKPYT JHUHHH YPOBHS
IJIOCKOCTH OOIIETO MOJI0KEHHS B INIOCKOCTh YPOBHS MOJKHO ITPe00pa3oBaTh 3a OTHO BpallEHUE.

CymHoCTh METO/A BpAlleHUs! BOKPYT JIMHUU YPOBHS 3aKJIFOYAETCS B TOM, YTO IIJIOCKUM Ieo-
METPUYECKUN OOBEKT COBMEMIACTCS C TUIOCKOCTBIO YPOBHS, NMPOXOAIICH yepe3 ock BpamieHus. 1
Ha COOTBETCTBYIOIIYIO IUIOCKOCTh NPOEKUMH IJIocKas (urypa mpoenupyercs 0e3 HCKaKeHUs.
Kaxxnas Touka 3a1aHHOTO T€OMETPUYECKOTO 00BEKTa BpallaeTcsl B CBOEH MIIOCKOCTH, MEPIEHANKY-
JSPHOM JIMHUU YPOBHS. TpPaeKTOpHs ABMKEHUS TOUYKH — OKPY>KHOCTb, LIEHTP KOTOPOW HAaXOIUTCS
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Ha OCH BPAILECHHUs, a PaANyC BPALICHUS PABEH PACCTOSIHUIO OT TOYKH 10 OCU BpaLICHUS.

Ecnn 3a och BpalleHUs B3siTa TOPU30HTAJIb, TO TPAEKTOPHUS BpAIIECHUS TOYKM HA FOPU30H-
TaJIbHYIO IUIOCKOCTH mpoekiuii [1; mpoenupyercs B Buae otpeska, nepHeHANKYISIPHOTO FOPU3OH-

TaJIbHOM MPOEKIMH Topru30oHTaIH. HoBoe mosokeHne TOYKH OyAeT OIpeaesieHo, KOTrjia TOpU30H-
TajbHas MPOEKIUs TPACKTOPUU €€ JABMKCHUs OyJeT paBHA HATypaJIbHON BEIMYMHE paanyca Bpa-

IICHHUS.

I 1 h=[T.) I IT
2 A3 ) LA
3 3h0=0-ybp m A
R, =40/
4 Ael”
Y75

Puc. 5.5

1 he®(AABL)
h=I1T,) I IT,

2 AeZ(X A

323 h=0-uybp m A
R, =140/

4 Ael, MBL =
1A B, ' =IABL

Puc. 5.6

[TonokeHre MIOCKOCTH, MPU KOTOPOM OHA CTAHOBHUTCS IJIOCKOCTBIO YPOBHS, OIPEEISAETCS
BpallleHUEM TOJIbKO OJJHOW €€ TOUYKH, B JAaHHOM CIlIyyae — TOUKH A.
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Jexkuyusn 7

5.3. Bpamenue BOKpPYr nNpoeuupyouux npsaMbIxX

OTOT METOA, KaK U METOJ BpallleHUs1 BOKPYT JIMHUU YPOBHS, IPEANOJAraeT HEU3MEHHOCTb
CUCTEMBI INIOCKOCTEN IIPOEKIUM, B KOTOPOM BOKPYI IMPOELUPYIOIIEH OCH BpallaeTCsl reoMeTpude-
CKUIl 00BEKT — TOUKa, MpsiMas WK Iuiockas gurypa. IIpu 3ToM Bce Touku, npUHAIekKalUe reo-
METPUYECKOMY OOBEKTY, BPALLlAlOTCs B MapalIeNIbHbIX IJIOCKOCTAX, PACIIOIOKEHHBIX IEPIEHIUKY-

JIApHO OCH BpallCHUA.

5.3.1. Bpawienue mouxku

Puc. 5.7

Tpaektopust ABMXKEHUS TOUKU — OKPYKHOCTh (Ayra OKpY>KHOCTH), LIEHTpP KOTOPOW HAXOJIUT-
Csl Ha IIEPECEYEHUN OCH BpAICHUs C IUIOCKOCTBIO BPALEHUs, @ paJuyC BpAllleHHUs paBEH pacCcTos-

HHUIO OT TOYKH JO OCH.

Ha KY Tpaektopus ABMKEHUS Mpoenupyercs 0e3 UCKaKeHUs Ha Ty IUIOCKOCTh MPOEKIHi, K
KOTOPOW OCh BpallleHUs NEPHEeHANKYsApHa. Ha qpyrue miockocTy npoeknuil OHa MpoenupyeTcs B

BUJIC OTPC3KaA, MapaJuICIIbHOTO OCH HpOCKHHﬁ.

5.3.2. Bpawenue npamoii

Bpamenue npssmoit nuann Ha KU cBOAMTCS K BpAIIEHUIO HA OJIMH U TOT K€ YroJl IBYX IpH-
HaJuIexalux el Touek. OIHaKo BpallleHue MPSAMON MOYKHO CBECTH K BPAILIEHHUIO OJHOM €€ TOUKH
Ha 3a/laHHBIA YTOJI, €CIIM YYUTHIBATh, YTO NpU 6PAUjeHULU B60KPY2 Npoeyupyrouel ocu npoexyus
NPAMOU HA NIOCKOCMb NPOEKYUL, K KOMOPOU 3Ma 0Cb NEPREHOUKYTIAPHA, OCMAEMCs pAGHOU CaMOll

cebe.
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Bosbmem otpe3ok AB, mpuHajie-
KA MpSAMON OOIIEro MOJIOKEHUS, M
MOBEPHEM €ro BOKpPYr (DpOHTAIBHO-
MPOCIMPYIOIICH OCH | TaK, 4TOOBI OH CTal
napajuiesieH TOPU30HTaJbHOM IJIOCKOCTU
npoeknuid (1 ocHoBHas 3agaya). Ha KY
MOKa3aHa TPACKTOPHUS BpAILICHUS TOJIBKO
OJIHOM TOYKH, IIPUHAJICKAIEH 3aJaHHON
MPsIMON, HaxoJsUIeicss HAa MUHUMAIbHOM

pacCTOAHHUU OT OCHU BpaIlllCHHS.

Puc. 5.8

Ecau ock Bpalll€HUA Ha YC€PTCIKE HC 3aldHa, TO €€ MOKHO BLI6paTI> TaKUM o6pa30M, 9TOOBI

OHa IepeCeKala NMpPAMYI0, TOraa HOBOPOT BOKPYI' HCC 3HAUYUTCIIBHO YIIPOIACTCH. Ha pHuc. 5.8 ropu-

30HTAJIBHO-TIPOCHUPYIOIIas OCh BpAICHHUS | MepeceKaeT ropu3oHTanbHy0 npsamyo (A'B’). Toraa

BpalllCHHEM BOKPYT HEE OJHOTO W3 KOHIIOB OTPE3Ka IMpsiMasi MpeoOpa3oBbIBacTCS B (PPOHTAIBHO-

MPOCHUPYIOIYIO MPSIMYIO (2 OCHOBHAsI 3a/1a4a).

5.3.3. Bpawenue nnockocmu

Bpaienue miockocTH BOKPYT MPOSHUPYIOIIEH OCH CBOJUTCS K BPAILIEHUIO HA OJMH U TOT Ke

YroJi 3JIEMEHTOB, OIMMPEACIIAIOIINX 3TY INIOCKOCTh B ITPOCTPAHCTBE.

Bo3eMeM IIO0CKOCTH 06]1.[61"0 I10J10-

xerns L(AABC) wu Bpamennem Boxpyr

npoenupyrone ocu mnpeodbpazyem ee B
MPOCIUPYIONIYI0 TUIOCKOCTh (3 OCHOBHAs
3agayda). st aToro mpeoOpa3zoBaHust HEOO-
XOJIUMO IIPOBECTU OJHO BpalleHUE, MPHU KO-
TOpPOM JIMHUS YPOBHSI IIJIOCKOCTH TpEBpa-

TUTCS B IPOELUPYIOLIYIO NPSAMYIO.

UroObl HAWTH HATypajJbHYIO BEIH-
YUHY IUIOCKOHW (UTYpBI, CleAyeT NMPOBECTH
BTOpOE BpallleHue, MpeoOpa3oBaB MpPOELH-
PYIOLIYIO IUIOCKOCTH B IUIOCKOCTH YpPOBHS

(4 ocHoBHas 3a7a4a).

N

b| Bi=h =B
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5.4. ILli1ockonapaJiiesibHOE epeMeleHne

Kak u3BecTHO, pH BpallleHUU CUCTEMBI TOUEK BOKPYT MPOCLHUPYIOIIEH OCH OJHA U3 MPOEK-
IIUHA TUTOCKOH (PUTYpBI OCTAeTCs KOHTPYIHTHOM camoit cede. [ToaTomy mpoeknuto, popma u pazme-
PBI KOTOPOI1 OCTAIOTCS HEM3MEHHBIMU, MOKHO IepEMEIaTh B HOBOE, YI00HOE ISl PelleHUs 3a/1a4u
nosioxkeHue. [lpu aToM He 3amaercss paguyc BpalleHUs TOUKH, a TPACKTOPHs €€ ABMXKCHUS MPOU3-
BOJIbHA. DTOT criocob npeobpazoBanus KU HazbIBaeTCs MI0CKONApaIIeIbHBIM IIEPEMEILICHUEM.

@ HJIOCKOHapaJ'IHeHBHOG INEpEMEIICHUC

MOKHO paccMaTpuBaTh KaK YacCTHBIH CIy-
Yail BpalleHHs BOKPYT MPOEHUPYIOLIUX
MPSIMBIX, KOTJIa TOYKH 33JJaHHOTO OO0BEKTa

nepeMCIaroTCd BO B3aMMHO IIapallJICIIb-

HBIX IINIOCKOCTAX, IMapalICJIbHbBIX OI[HOﬁ us3
IUIOCKOCTEH HpOCKHHﬁ, a MOJIOXKEHHUE ocel

BpanieHus Ha KU He yka3biBaercs.

Puc. 5.11

JlomycTum, 4TO MIOCKOCTh OOIIETro MOJ0KEHHUS, 3aJJaHHYIO TIePECeKAOIUMUCS MPSIMBIMHA M
U N, He0OOXOAMMO TepeBECTH BO (HPPOHTAIBHO-IIPOCLUpPYIOIIee MojoKeHue. i1 3TOro Bo3bMeM B
TUIOCKOCTH TOPU30HTaNIb h 1 mpeoOpasyeM ee BO (hpOHTAITBHO-TIPOCIIUPYIOUIYIO TpsiMyI0. [ opu30H-
TAJbHYIO TPOEKIMIO TOPU3OHTAIN pacHojaraeM MepHeHIuKyIIpHO ocu x B mobom mecte KY. B
IIPOLIECCE MEPEMELIEHUE PACCTOSHUS MEXAY FOPU30HTAIBHBIMU MPOEKLUHUAMU TOYEK, ONPEIEIIso-
IIUX IUIOCKOCTh, OCTA€TCs HEN3MEHHBIM.
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Jexyus 8
6. IOBEPXHOCTH

[ToBepxHOCTh — abcTpakTHast GuUTypa, HE UMEroIIas ToamuHbl. OHA OTpaHUYMBACT KaKoe-
1100 TeJo, COCTOAIIeE U3 METallIa, IMIacTMAcChl U T.1. Teao KOHEYHO, a MOBEPXHOCTh MOXKET OBITH
0eckoneuHa. Hampumep, map orpanudeH cepoii; 60KoBOI MOBEPXHOCTHIO KOHYCA SIBJISIETCS KOHHU-
YecKas IOBEPXHOCTb.

6.1. Cnoco0OblI 32/1aHUsI IOBEPXHOCTH
CymeCTByeT HECKOJIBKO CIIOCO0OO0B 3aaaHus IMOBEPXHOCTU, B TOM YHCIIC: KHHeMaTI/I‘{eCKPlﬁ,
AHATTUTHYECKUH U TpaQUUECKHIA.

BHG,I[peHI/IC B MHXXCHCPHYIO IMPAKTUKY KOMIIBIOTCPHBIX TEXHOJIOT UM 06YCJ'IOBI/IJ'IO COBMCCT-
HO€ HUCIIOJIB30BaHHUC rpa(bnqecm/lx N aHAJIUTUYCCKUX MCTOAOB 3aJJaHUA HOBerHOCTefI.

C ToUukH 3pCHUA aHAJTUTHYECKOM IreoOMCTpUMn:

Ilosepxnocme — nenpepvigHoe MHOIHCECMBO MOYEK, KOOPOUHAMbBL KOMOPLIX CE53aHbl 8 Oe-
Kapmoeoti cucmeme Koopouram ypasuenuem éuoa - (X, Y, Z) =0.

Ecrm F(X,Y,Z) — MHOrounen n-it cTeneHu, To MOBEPXHOCTh HA3BIBAETCA ANreOpandeckoi
HOBEPXHOCTBIO N-TO MOPSIIKA.

Ecimmn F(X, Y, Z) — TpaHCUEHAEHTHas (PyHKLHUS, TO U MOBEPXHOCTh HA3BIBAETCS TPAHCIICH-
JIEHTHOM.

B HauepraTenbHON reoMEeTpUM MOBEPXHOCTH 3ajaeTcs rpaduyeckd, a K ee 00pa3oBaHUIO
IIOAXOIAT C TOYKH 3pEHHUS KUHEMATHKHU:

Ilogepxnocmov — CcOBOKYNHOCMb HENPEPLIGHBIX NOCIE00BAMENbHBIX NONONCEHUN JTUHUI,
OBUIICYWYUXCA 8 NPOCIPAHCINGE NO ONPEOETIeHHOMY 3AKOHY.

OTa IBWXKYILIAsCS JMHUS Ha3bIBaeTCs 00pa3ylomiei, a TMHUS, 10 KOTOPOU OHA JBHMKETCS, —
HaNpPaBJISIOLLEH.

IToBEpXHOCTh CUMTAETCS 3aJIaHHOM, €CJIM 110 OJHOW MPOEKIMN TOYKH, MPUHAJICKAILECH €U,
MOKHO MOCTPOUTH BTOPYIO MpoeKiuio. COBOKYMHOCTh HE3aBUCHUMBIX YCIOBHUH, HEOOXOIUMBIX U
JNOCTATOYHBIX I OJHO3HAYHOTO OIPEACIICHHUsS NMOBEPXHOCTH, HA3BIBACTCS ONpeAeIuTeIeM I0-
BEPXHOCTH:

@ (I),[A],
raec (I) — HOBCpXHOCTB,

(I') — reomeTrpudeckast 4acTh ONPENEIUTENS MOBEPXHOCTH — COBOKYITHOCTh T€OMETPHUYECKUX
¢buryp, o6pazyromux MoBepxXHOCTb;

[A] — anropurmideckast 4acTh ONpeeTUTENs TIOBEPXHOCTH — 3aKOH ITePEMEIIeHUsT 00pa3yrOIIeH.
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Hanpumep, onpenenurens KOHHWYE-
CKOU ITOBEPXHOCTU UMEET CIEAYIOIINUNA BUJL:

®(.d,5),[lna,Sel],

rie | — oOpasyrommas;

a — HallpaBJIdronasn;

S — Touka nepeceveHus: 00pa3yIOIIUX.

AJNropuTMHYECKask 4acTh OIPEICIIH-
TEJISl YUTACTCS CICAYIOIIUM 00pa3oM:

JIrobast obpasyromias | mepecexaer

a HaIPaBJISIONIYIO @ U TTPOXOJUT Yepe3 TOUKY

S.

Puc. 6.1

Ha YCPTECIKC TIOBECPXHOCTb MOXKECT OBITh 3aJaHa:

1. HaGopom 31eMeHTOB, ONPEAETSIONIUX 3Ty TOBEPXHOCTD.
2. OuepkoM MOBEPXHOCTH.

3. Kapkacom noBepxHOCTH.

Ouepkom noeepxnocmu Ha3vl8aemcsi NPOeKyuu KOHmMypa HOBEPXHOCMU HA NAOCKOCMU
npoexKyu.

KapkacHblif cioco0 3a1aHus MOBEPXHOCTH MPEIOIaraeT, 4YTo MOBEPXHOCTh MOXHO OIpe-
JIENIUTh KaK JIByllapaMeTpUuecKOe MHOKECTBO TOUEK C OJIHOM CTOPOHBI, a C APYroi — MOBEPXHOCTh
— OJTHOTIapaMETPUYECKOE MHOXKECTBO JINHUH.

Kapkacom (mowetmbm uiau JlMH@IZHbZM) HA3bIBACMCS MHOMCECMB0 MOYeK UAU JUHUL,
onpedeﬂmou;ux no6epxHocmo.

KapkacHbIM c11oco0OM 3aal0TCs TaKUe CIOXKHBIE TOBEPXHOCTH ¢ 0OPa3yIOIIMMH MIEpeMeH-

HOr'o Buaa, KOTOPBIC HEJIB3 OIMMCATh MAaTEMATUYCCKU.

6.2. Kinaccuguxanusi nopepxHocreii

CyIiecTByeT MHOKECTBO PA3IMYHBIX MOJXOJ0B K KiIaccHpUKAIMK MoBepXHOCTEH. OMHAKO

TJIaBHBIMHU U3 HUX ABJIAIOTCA CICAYIOUIUC KPUTCPUN:

1. 3akoH 00pa3oBaHUS HOBEPXHOCTU:

- hoeepxHocmu 3aKOHOMepPHble — €CIIN 3aKOH UX O6pa3OBaHI/I$I W3BECTEH U MOJKET OBIThH BbIpa-
KEH MaTCMAaTHYCCKU,

-  HE3AKOHOMEPHbLE.

2. Bunx oOpasyroueii:

- nosepxHocmu IuHeliHble — 00pazylouias npsmas JUHUS,
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- no8epXHOCMU HeluHelHble (KpusoIuHeliHble) — 00pa3yrolias KpuBas JIMHHUSL.

3. 3akoH ABMXKEHUs 00pa3VIoLIeH:

- hoeepxHocmu nepeHoca — C NOCTynaTCJIbHbIM IBUKXCHUCM 06pa3ymLueI71;
- hoeepxHocmu epaujeruss — C BpallaTCIbHbIM IBUXXCHUCM 06pa3y101uel71;

- 6UHMOBblE nosepxHocmu — C BAHTOBBIM ABHXKCHUEM O6p33y10H.[61>i.

4, TlocTossHHOCTH (BapraOWIbHOCTH) (GOPMBI 00pa3VIOLIEH:

- nogepxmocmu ¢ obpaszyroueli NOCMOSHHOU opMmbl;

- nogepxmocmu ¢ obpaszyroueli nepemeHHou Gopmul.

5. B03MOKHOCTE Pa3BCPThIBAHUS ITOBCPXHOCTH:

- paseepmoleaemvle — IIOBCPXHOCTU, COBMCIIACMBIC C INIOCKOCTBIO oe3 CKJIaJIOK U pa3pbIBOB.

- Hepaszeepmbvleaembvle.

OueBUIHO, YTO JIFOOYIO MOBEPXHOCTh MOKHO KJIACCH(UIIMPOBATH OJHOBPEMEHHO IO He-

CKOJIbKHUM IIPHU3HAKaM. HaHpHMep, OUIMHAPHUYCCKAsA IIOBCPXHOCTH BPAILICHUA:

1) nuHeiuaTas 3aKOHOMEpPHAs pa3BepThIBacMasi IOBEPXHOCTh BPAIICHNUS;
2) MKIAYEeCKas MOBEPXHOCTD MEPEHOCA OKPYKHOCTH MMOCTOSIHHOTO PAJNyCa;

3) anreOpanveckasi MIOBEPXHOCTh BTOPOTO MOPSIKA.

M3 Bcero MHOXeCTBa HOBerHOCTeﬁ B KpPAaTKOM KYypCC HaqepTaTeanoﬁ T'COMCTPHUHN MBI 6y—

ACM pacCMaTpUBATDh TOJILKO I'PAHHBIC TIOBEPXHOCTU U MOBECPXHOCTU BPAILICHU.

6.3. Muororpanuuku. Touka u npsMasi Ha IOBEPXHOCTH

['paHHBIE TOBEPXHOCTH HMMEIOT NPSIMYI0 O00pa3ylollyl0 U JOMaHyH JMHHIO B KayecTBE
HaIlpaBJSIOIIEH.

Y nupaMuaaJibHOM IOBEPXHOCTH

. S
obpasyromiass |, aBurasce 1O JOMaHOM
HAIpPaBISIOIIEH @, Bce BPEMS MTPOXOIUT Ue-
. l
pe3 OJIHy TOUKY S, Ha3bIBAEMYIO BEPIIHHOIA.
Ob6pa3yromas NPU3MaTHYECKOI
MOBCPXHOCTHU, [BUTAACH B MPOCTPAHCTBE =

[0 JIOMAaHOM HAINpaBIAIOIIEH, BCE BpeMs
ocTaeTcs napajsienbHON camoii cebe.

Puc. 6.2

MHuozozpannuk — npocmpancmeennas Quaypa, 02paHudeHHas co 8cex CMopoH NIOCKO-
cmAMU (epaHamu).

[TocTpoeHnne mpoeKIuii TOYEK, MPUHAIICKAINUX OOKOBOM MMOBEPXHOCTH MHOTOTPAHHUKA,
OCYIIECTBIISIETCS C IIOMOIIBIO 00Pa3yIONINX U HATIPABIISIOMICH.
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Bo3pMeM TpexrpaHHyl0 MHUpaMHUAYy U TOYKH
D.,E, F, nexamue Ha ee OOKOBOW MOBEPXHOCTH.
HeobOxomuMo onpenenuts HETOCTAIOIINE TOPU30H-

TaJIBHBIC ITPOCKIUU 3THUX TOYCK:

1) Touku E u F nexxat Ha pebpax nmupaMupl, ciie-
JOBATEIbHO, WX TOPU30HTAIBHBIC TPOCKIIUU y
OyIyT JIeKaTh HA TOPU3OHTAIBHBIX MPOEKIUIX

COOTBETCTBYIOIIUX pedep.

2) Touka D mpuHaUISKUT rpaHW NMUPAMUMIBL, [10- y
TOMY €€ HEJOCTAIOIIYI0 IPOEKIHIO CIEIyeT :
OlpeNeNiaTh C MOMOIIbI0 oOpasyromeit 1-S.

Kpome Toro, u3 rpaduyeckoro ycioBus He sc-
HO, Ha KakoW TpaHu HaxoauTcs Touka D, ee

(GpOHTAILHOW TMPOEKIMA COOTBETCTBYIOT [IBE

TOPU30OHTAJIBHBIC ITPOCKIIUU.

Puc. 6.3

M3 K4 BHUAHO, 4YTO IIpAMasd WK JIOMaHasd JIUHUSA, IIPUHAAJICKallasd ITIOBEPXHOCTU MHOI'OI'paH-

HHKa MOJKET OBITh IIOCTPOCHA 11O XAPAKTCPHBIM TOYKAM, KOTOPBIMHU ABJIAKOTCA TOYKH IIEPCXO/JJa €C

yepe3 pedpa.

6.4. IloBepxHOCTH BpaleHUs

[ToBepxHOCTH BpallleHUs] UMEIOT TTPOU3BOJIBHYIO 00Pa3YIOIIYIO, IBHKYIIYIOCS 110 OKPYKHO-

CTH.

Kaxmas Touka oOpasyromeit |
JBIKETCSL 10 OKPY>KHOCTH C I[EHTPOM
Ha ocu BpamieHus | (puc. 6.4). D10
OKPY>KHOCThH Ha3bIBaeTCs Mapaliefibio.
[Tapannens, npoxonsmas yepe3 Hanbo-
Jiee YAAJICHHYIO OT OCH BpAIIEHUS TOY-
Ky 00pa3ymolieil, Ha3bIBaeTCs IKBATO-
poM, a uepe3 OMKalIIyl0o — rOpJIOM.
Jluaust M, mosiydaemasi mpH Iepeceue-
HUU TIOBEPXHOCTH TIJIOCKOCTHIO, MPOXO-
JAIIENH Yepe3 OCh BpAIllCHUs, Ha3bIBACT-
csi MepuauanoM. Bce mepumuaHbl 110-
BEPXHOCTH BpaIIeHUS] KOHTPYIHTHBI.
Kaxnapiii u3 HUX pazgensiercd Ha JIBa,
CUMMETPUYHBIX  OTHOCHUTEIBHO  OCH

BpalIeHus, MOJYMEPHIHAHA.

Mepuauan, nexamuid B IUIOCKOCTH, NapajlIeIbHOU

/ napan/iess

=1abHbIL

2abHeI 20p/10

10/1MEPLGLGH L

(oveprobas

adpazywuas) \ Ixbamop
/ \ \ J 11apan1ens

BpoHmaHsIl — |

048K AT

Z20PUI0HMA/bHbIL

ovEDK nonyMepuduar

Puc. 6.4

IIIIOCKOCTH HpOGKHI/Iﬁ , Ha3bIBACTCA

IJIaBHBIM MEpUIMaHOM. B naHHOM mpumMepe OH ompeaesseT (PpOHTANbHBIM OYepK MOBEPXHOCTH,

TOPU30HTAJILHBIN OUEpK ONPEAEIAETCS 5KBATOPOM U TOPJIOM.
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6.4.1. I[ununop epawienusn

[MunuHapuyYeckas MOBEPXHOCTb BPALICHHUS — IIO-
A | BEPXHOCTh, OOpa3oBaHHAsl IBIKEHUEM IPSIMON JIMHUHU
6 [apaJuIeIIbHO OCH.

B Bo3pMeM (QpOHTANBHO-TIPOCHUPYIOMUI TUIUHIP U
JIUHUIO AB, pacmojio)KeHHYI0 Ha ero OOKOBOH IMOBEPXHO-
ctu. ['opru3oHTaNBHAA MIPOEKUMS 3TOU JIMHUM CIPOCLUPY-
€TCsl Ha TOPU3OHTAJIBHBIM OYEepK LMIMHApA, T.K. BCE €€
TOYKH JIeXKAT Ha ero OOKOBOW MOBEPXHOCTH.

Jlunusa npunaonexcum nogeepxnocmu, eciu Kaic-
0as ee MOYKA NPUHAONEIHCUM IMOTL NOBEPXHOCMU.

6.4.2. Konyc epawenusn

Konunueckast moBepXHOCTh BpallleHus: 00pa3yeTcs IBUKEHUEM NPSIMOM JIMHUHU, NIEPECEKaIo-
IEN OCh BPAILICHUS.

L& S, Puc. 6.6

Touka npunaonexcum no6epxHoOCmMuU, eciu OHA NPu-
HAOeHcum JUHUU, 1excaujelt Ha Mot NO8epXHOCHU.

ITocTpoeHne To4Yek, MPHUHAMIEKAIINX ITOBEPXHO-
CTHM BpALICHHUS, BEJETCA C MOMOILBIO 00Pa3yIOIIUX WIH
rapajuiesei HOBEpXHOCTH.

[Tycts 3amaHa (poHTaNBbHAS MPOEKLUs TOUKH A,
MIPUHAJUIEKAIIEH TOBEPXHOCTH KOHYCA. DTON MPOEKIUU
COOTBETCTBYIOT JBE I'OPU3OHTAIBHBIE NMPOEKIHMH TOUYKU
A1 n A%. VIX MOXHO ONpeNeTuTh C TTIOMOIIBI0 00pa3yro-
mux noBepxHocty 1-S u 1~S wnu napanienu p.

6.4.3. Oonononocuutii 2unepo010ud epauieHus

l'unep6osnoun BpalleHUs — MOBEPXHOCTb, 00pa30BaHHAs BpPALLEHHUEM IMPSIMON BOKPYT
CKPEILIMBAOIIEHCS C HEW OCH.

JluneityaTas TOBEPXHOCTh, KOTOPYIO HEOOXOIUMO MOCTPOUTh, HA3BIBAETCS OIHOIIOJIOC-
HBIM THIepoosonoM BparieHusi. OHa oOpasyercs BpalleHHeM mpsiMoi | BOKpyr ckpelnBaro-
mieiics ¢ Hew ocu 1. bawokaiiias kK ocu BpallieHHs TOUKa 00pa3yroleil OMUChIBACT HAMMEHBIITYIO
napajuiess — ropisio runepoonouaa. ['maBHbIi Mepuanan — runepOoia.
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55
acumnmonmy—
YECKUU

KOHYC o0

2/1abHbI
MEpLTLaH-
2UNepoaia |

S

DTa TOBEPXHOCTh MOXKET OBITh TaKXe IO-
JTydeHa BpaIEHUEM OYEPKOBOM rUNIEPOOIIBI BOKPYT
cBoeit MHIMOI ocH 1. [ToBepXHOCTh MMEET JBa ce-
MeHCTBa MPSIMOJIMHEHHBIX 00pa3yroNuX, T.K. 4epe3
OJHY TOYKY MOYXHO MPOBECTH JIBE MpPSIMbIE — BOC-
XOJIAIIYIO MPsAMYIO (Kak B JIaHHOM 3aj7ade) U HUC-
XOJIAIIYIO MPSMYIO. DTO BUAHO, €CIIU KacaTelIbHO K
ropiay rumnepbosonia  MPOBECTH  IJIOCKOCTh
(D(CI)l) , TapaJUleJIbHYI0 OCH BpaiueHus. Takas
IJIOCKOCTh TEPECEKAET IMOBEPXHOCTh 10 JABYM
npsiMeIM. Bropast Bocxopmsmias mpsimasi oOpasyer
BTOPOE CEMEHCTBO 00Pa3yIOIIUX.

Ecnu B uentpe ropna rumepboiouga mo-
CTPOUTH KOHYC C TaKUM >K€ yIjOM HakJIOHa oOpa-

Puc. 6.7 3YIOIIMX, KaK y Tunep0osiouia, TO MOJY4YUM TakK
HAa3bIBAEMbId aCUMITOTUYECKHII KOHYC, K KOTOpPO-
My MMOBEPXHOCTh MPUOIMKAETCSA B OECKOHEUHOCTH.
6.4.4. Top
Brymperrag sacme Brewrss vacme map-"a0/10k0” map-"bepemero”

2100000

OmKpPBIMBIL MO (IMop-K0/1bY o)

3aKpbImeIL Mop

Puc. 6.8

Touka 4 pacnosaraercs Ha Iapajulead BHEIIHEN 4acTU OTKPBITOTO TOpa, TOUKA B JIEKUT Ha

BHyTpeHHel napaienu. [loBepxHOCTh Topa 00pa3yeTcsl Mpu BpallleHUU OKPYKHOCTH BOKPYT OCH,

PacroI0KEHHOU B MIOCKOCTU OKPYKHOCTH.
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B 3aBuCHMOCTH OT COOTHOIIEHHS BEIMYMHBI pagnyca odpa3syromeii Topa I' 1 pacCTOSHUS OT

LIEHTpa OKPYKHOCTH JI0 OCH BpalieHus [ BO3MOXKHBI TpH pa3sHOBUIHOCTH Topa (puc. 6.8):
— o0pasyromias — OKpyKHOCTb He repecekaet och Bpamenus (I <) — omxpoimouit mop;
— obpasyromias — OKpyKHOCTh Kacaercst ocu BpateHus (I =1) — saxpoimorit mop;,

— o0pasyromias — OKpyKHOCTb Tiepecekaet och Bpamenus (I > 1) — sakpoimotit mop.

Jlexkyusa 9

6.5. IlepeceyeHne MOBEPXHOCTH MHOTOTPAHHUKA IJIOCKOCTBIO

Inockan ¢ueypa, nonyuaemas 6 pesyibmame nepecedeHusi KaKou-iubo nosepxHOCmu
NIIOCKOCMbIO, HA3bIBAEMCSl CeUeHUEM.

CeueHneM MHOTOTPAaHHUKA SIBISIETCS MHOTOYTOJBHUK, €r0 OOBIYHO CTPOST C MOMOIIBIO
BCIIOMOTaTeNbHBIX CEKYIIUX IuIocKocTel. [locTpoeHne nuHUM nepeceyeHusl NOBEPXHOCTH C ILIOC-
KOCTBIO HAUMHAIOT C HAXOXKJEHUS 0COOBIX (OMOPHBIX) TOUEK. J{1s1 MHOrOrpaHHUKaA 3TO TOUYKHU Iepe-
ceueHus pedep 1 CTOPOH €ro OCHOBAHMS C 33JJaHHOM TUIOCKOCTBIO (€CIIM MOCTPOSHUE BEAETCS «CII0-
co0oM pebep») WK TUHUH IepeceueHus rpaHeil 1 OCHOBaHMSI MHOTOTPaHHUKA C TJIOCKOCTHIO (eciu

IIOCTPOEHUE BEJETCS «CIIOCOOOM I'paHei»).

Hpuwmep: Ilocmpoums aunuto nepeceuenus mpexepannou nupamuosvi SABC niockocmovio obwezo
nonocenus (N 1) . locmpoums paszeepmiy nuscneii omceuwennoii uacmu nupamuov.

OcHoBaHMe NUPaMUIbl IPUHAIIEKUT TOPU30HTAIBHOMN IIIOCKOCTH MPOEKINi, €ro TOpU30H-
TajbHas MPOEKIUS SABJISIETCS HaTypaJIbHON BEIMYNHOM.

[TnockocTh 3aaHa TakKMM 00pa3oM, YTO MEPECEKAeT TOJBKO OOKOBYIO IOBEPXHOCThH MUpa-
muzbl. CaeoBaTenbHO, ceueHre OyeT UMETh TPeyroyibHy0 (popMy. T.K. rOpu30HTaNb IJI0CKOCTH
h nmpoxoauT Yepe3 oJHY M3 BEPIIUH OCHOBAHUS, TO OJHA U3 TOYEK CeUeHHs M3BecTHa — Tovka C.
OcrajbHbIe TOYKH CEYEHUSI MOKHO HAWTH C TIOMOIIBIO JOMOJHUTENBHBIX CEKYIIMX MIOcKocTel A

u A", npoxonsimux uepes pedpa SA u SB.
Jnist yaydieHust HarfsAHOCTH U300paKeHUst HE00X0AMMO MOKa3aTh BUJUMOCTb:
1) cedeHHs OTHOCUTEIBHO MOBEPXHOCTH MHOTOTPAHHUKA M BBIICIUTD €r0 IBETHBIM KapaH/IaIloM;

2) MOBCPXHOCTU OTHOCUTCIIBHO 3aJIaHHOM IIJIOCKOCTH,

3) reoMeTpHYEeCKHX DIIEMEHTOB, KOTOPBIMHU 3a/laHa TIOCKOCTh, OTHOCUTEIBHO MOBEPXHOCTH MHO-
rOrpaHHUKa.

HartypanbHast BemnuuHa CEUYEeHUs ONPeNeNsseTCs BpalleHUEM BOKPYT JIMHUH YPOBHS, APYyTrue
HeoOXO0IMMBIE JIJIsl IOCTPOEHUS Pa3BEPTKU HATypajbHbIe BEJIMYMHBI B JTAHHOW 3ajjaue OIpeesieHbl

METOAOM IIPSIMOYTOJIBHOI'O TPEYTOJIbHHUKA.
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AL B

1 Cehno ycrobuw

2 SACAIA, LT,
AN2=(1-7)
(1-Z)S A=K

3 SBA AU,
AN2=(3-4)
(3-4)SB=N

b 2ND, ALKV

CBY9ERUE

ocHobaHue

Puc. 6.9

ITocTpoeHue pa3BeEPTKHU:

. MeromoM mpsSMOYTOIBLHOTO TPEYTOJIbHUKA HAXOJATCS NIUHBI pedep mupamuasl. T.k. pas-
HOCTb BBICOT OT KOHIIOB OTPE3Ka JI0 TOPU30HTATBHON IIIOCKOCTH MPOEKIil /7 y BceX Tpex
pebep oHA M paBHA BHICOTE MHUPAMUJbI, KaTE€T MPSIMOYTOJbHOTO TPEYroJIbHUKA, PaBHBIN
9TON BEMWYMHE, IEJIecCO00pa3Hell HaYepTUTh B CTOPOHE OT M300pakeHus, mpaBee (PppoH-
TAJIbHOW MPOEKIIMU NupaMujibl. BTopoil KaTteT paBeH JJIMHAM TOPU30HTAIBHBIX MPOCKIUI
pebep. Jns onpenenenus: HatypanbHOM BenuduHbl 0Tpe3koB AK n BN HeoOxoaumo mpoBe-
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CTH TOPU30HTAJIbHBIE BCIIOMOTAaTENbHbIE JTUHUM OT npoekuuid Touek K u N 10 nepeceuenus
C COOTBETCTBYIOIIMMH TMIIOTEHY3aMHU NPSAMOYTOJIbHBIX TPEYTOJIbHUKOB.
2. Pa3BepTka cTpouTcs criocoOOM TPEYroJbHUKOB C UCIIOJIb30BAaHUEM IIPHEMA 3aceueK.

6.6. Ilepeceuenue NpsiMoOM ¢ MOBEPXHOCTHIO
Bo3MOXHBI TpY BapHaHTa PACIOJOKECHUS NPSIMOM OTHOCHUTEIBHO MOBEPXHOCTH. [Ipsmas

MOXKCT:

1) mepecekaTh OBEPXHOCTH;
2) KacarbCsl MOBEPXHOCTH;
3) He nmepecekaTh MOBEPXHOCTb.

YacTHble clIydau:

[pumep 1. Ilepecexaiomes npsimas obweeo nonodxcenus | ¢ npoeyupyioeti nosepxnocmoio @.

Ecnu 3amana mnpoeuupyromas 1mo-

) N
BCpXHOCTI), TO OJHA U3 HpO@KHI/II/I HNCKOMBIX //
TOYCK IICPECCUCHHUA OIPCACIIICTCA Cpasy, /\7_ 4+
HUCXOIA U3 IPHHAAJICIKHOCTH HX 3TOU Ipo- /_"//

EUUPYIOLIEH NOBEPXHOCTH.

B nanHom npumepe npusma SBISET-
Csi  TOPHU3OHTAIBHO-IIPOELUPYIOUIEH  IIO-
BEPXHOCTBIO,  CIENOBATEIbHO, TOPU30H-
TaJbHbIE IPOEKLIUN TOUYEK MEPECcEeUeHUs Jie-
KaT Ha MepecevyeHnr TOPU30HTAIbHON Mpo-
eKILIUY MPsAMOit | 1 ropU30HTATIBHOTO OYepKa Puc. 6.10
IIPU3MBI.

N,,L, =l,nd,.
BTopast mpoeKIys TOUeK ONMPEACIIeTCs HCXOIs U3 MPUHAISKHOCTH UX HEMPOCHUpPYHOLeh
npsamoii 1.

N,Mel=N,,M, €l,.

[pumep 2. Ilepecexkaiomes npoeyupyrowas npsamas i ¢ nosepxnocmoio konyca @.

; S
/2 i B sTOM citydae oHa U3 MPOEKLUN HC-
N KOMOM TOYKH TAKXe M3HAYAJIBHO OIIPEIEIICHA
/ /. Ha yeprexe. OHa COBNAJAET C BBIPOXKJIEHHOU

| MIPOCKLUEN IIPSMON.

[N

i 177, NeSl= N, =i,.

Bropas npoekius TOUKH ONpeaensercs
U3 YCIIOBHS NMPUHAUIEKHOCTH ee 00pa3yrolei

MTOBEPXHOCTH.

Slc®,,NgS1= N, eS/1,.

Puc. 6.11
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OO0Lumii cayyait:

11 epeceKkaomci Henpoeyupyroulas no6EPXHOCMb U NPAMA 061/14620 NOJIOHCEHUAL.

B sToMm cityuae, yToObI HANTH TOYKH TIEPECEUCHUS IPSMOH € TOBEPXHOCTHIO, HEOOXOAUMO:
1) 3akI0YUTh NPSIMYIO B JIOMOJHUTEIBHYIO (BCIIOMOTATEIbHYIO) IJIOCKOCTb.
2) TlocTpouTh JIMHHIO IEPECEUCHUS] BCIOMOTaTeIbHON TNIOCKOCTH C TIOBEPXHOCTBIO.
3) OrmpenenuTs TOUYKU IePECEeUCHHs MOTYICHHOTO CEUYCHHS C 3aJaHHOM TPSMOHM.

OTH TOYKH SIBJISIOTCS NCKOMBIMH.

B xadecTBe BCITOMOTATENBHOM MIIOCKOCTH BBIOMPAIOT MJIOCKOCTH OOIEro MM YacTHOTO IO-
JIOXKEHHUS, NAIOUIYI0 HauOoJee MPOCTYI0 JHHUIO CEUCHHs IMOBEPXHOCTH (JIOMAaHYIO WA OKpYXK-
HOCTB).

[pumep: [Toctpouts TOUKK nepecedeHus npsimMoii | ¢ TpexrpanHoit mupamunoir SABC. OnpenenuTsb

BUIUMOCTH Hp?[MOfI OTHOCHUTCIIbHO ITOBCPXHOCTH.

&

1l ce®,) LI
260N @, =1-2-3
323 l=ln D =NM

.

Puc. 6.12

Buaumocts npsMoit onpenensieTcss o MPUHAIJIEKHOCTH TOUYEK MEPECEUCHUs TpaHsIM Mupa-
MUBL. Buauma ta yacTh mpsMoil, KOTOpast UICXOUT U3 TOYKH, JIexkalleld Ha BUANMON TpaHU MHOTO-
TpaHHUKA.

[pumep: Ilocmpoums mouxu nepeceuenus npamoi | ¢ konycom.

B marHOM mpriMepe B Ka4eCTBE JOMOTHUTEIHHON TIIOCKOCTH BHIOMPAETCS TNIOCKOCTh O0IIIe-
r'O TOJIOKEHUS, TPOXOIAIIAs Yepe3 BEPIINHY KOHYCa U MepeceKaromias ero 00KOBYI0 MOBEPXHOCTh
0 00pa3yIOIIHM.

BuauMocTp nipsAMoii onpeaensieTcss o NpUHaIIeKHOCTH TOUYEK NEPECEYEHUs] TOM UM HHOM
oOpasytromeid. BujHa Ta yacTh npsMoi, KOTopasi ICXOIUT U3 TOYKH, TPUHAIICKAIICH BUTUMOMN 00-

pasyrouen.
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Puc. 6.13

Jlexkusa 10

6.7. IlepeceyeHue MOBEPXHOCTH BPALlEeHHUS IJIOCKOCTBIO

dopma cedeHHUs TTOBEPXHOCTH BPAILEHUS TUIOCKOCTHIO 3aBUCHT OT yIJla HAKJIOHA CEKYIIEeH
TUIOCKOCTH K OCH BPAIICHUS IOBEPXHOCTH.
Ecnu cekyiast miockoCTh:
1) neprneHIUKyIspHA OCH  BpallleHHUS,
CEYCHUE — OKPYKHOCTb;
2) HakKJIOHCHa K OCH W IEepeceKkaeT Bce
00pa3yromue — IITUTIC;
3) mapamnenpHa OJHOHM oOpasyromen —
napabosna;
4) mnapamienbHa JIBYM OOpPasyrOlIMM —
runepbora; OKpYXHOCT
5) mpoxomuT yepe3 BEpIIUHY — JIBE Iie- @li
peceKaroryecs npsiMbIe; / N
$

6) KacaeTcs TOBEPXHOCTH — MPsIMasi.

Bcst COBOKYNMHOCTB 3THX JIMHHUM R, ACPECERANILCOR
Vg @ TDAEE
MOKET OBITh MOJy4YeHa NpU MepeceueHUH
KOHYCa IUIOCKOCTBIO. [I03TOMY MX Ha3bI- P~y201 HEKOHE PACKBCTY
BalOT KOHUYECKHMH CEUCHUSIMU, WIH KO- Ot Y107 HaK/oHa 03pa3yELEl
HUKAMH. Puc. 6.14
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Jlis mocTpoeHust TMHUK TMepecedeHrss He0OX0ANMMO HalTH 0OIIMe TOYKU MOBEPXHOCTH U 3a-
JAHHOM IMJIOCKOCTH. J[JIs onpeneneHus ITUX TOUYeK He0OX0IUMO BBECTH JOIOJIHUTEIbHbIE CEKYIIIHE
IUIOCKOCTH, KOTOPBIE TAIOT HauboJiee MpOoCThie IMHUKM CEUCHHS] — OKPYXKHOCTH WM JIOMaHbIE Mpsi-
MBIE.

[TocTpoeHne JIMHUU CEYEHMS] HAUMHAIOT C HAXOXACHHS XapPaKTEePHBIX TOYEeK CeYeHHus, K
KOTOPBIM OTHOCATCS:

1) BbIcmIas M HU3MIAS TOYKH;
2) KpaiHss JeBas M KpaifHsis MpaBas TOYKH, B KOTOPBIX MPOCKIUU JIMHUU CEUCHHS KacaroTCs

OUYEPKOBBIX 00pa3yroUIUX (TOUKH, JIKAIME HA TPAHUIIE BUIUMOCTH);

3) Ommkaiiinas U HauboJee yaaJeHHas TOYKU CCUCHHS.

[pumep: Onpedenums aunulO ceuenust KOHyca niockocmoio obugeeo nonodicenuss Xh). Iocmpo-

umos pazeepmky HUDICHEU OMCEYEeHHOL noseepxHocmu KOrycda.

AHanu3 GpopMbl JHHUH TI€EpPeceYeHNs

3az[aHHa;1 IIJIOCKOCTDh IICPECCKACT TOJILKO 60KOBYIO IMMOBECPXHOCTh KOHYCa, CJIICAOBATCIIBHO,
JIMHHUEH CCUeHUS ( SABJISICTCS 3JIIHUIIC.

XapakTepHble TOYKH JUHHUM IIepeceueHus :

1) Bbicuiasi u HU3IAsE TOYKH cedeHus (A4, B) onpeaesstor OOJBIIYI0 OCh JUTUIICA U JISKAT

Ha JIMHUH HanOOJIBIIEro HAKJIOHA INIOCKOCTH @ K IIJIOCKOCTH OCHOBAHUS KOHYCA. OTH TOY-

KN OIIPCACIAOTCA C IOMOUIIBIO ,HOHOJIHI/ITGJILHOﬁ IIJIOCKOCTHU Z .
icx(E)LlhE,Lh)
ONz=01-2)>[ABJ(1-2)n® =AB)

O — 1eHTp dJuHICca

[A0]=[0B]

2) Manas och 3aumnca (C, D) nepnieHauKynspHa K JTUHAU HAUOOJBIIET0 HAKJIOHA (OOJIBIIIONM

ocn), T.€. neskut Ha ropusontanmu mockoctn ['(15).

OeI'(IL) |11,
I NEZ=h>s[CD|h~® =C,D)

3) Touku rpanuubt Buaumoctu (E, F) cevenns na I1, nexar B mnockoctn @(D,), nens-

el KOHYC Ha BHUJIUMYIO U HEBHJIUMYIO YaCTH 10 OTHOIICHHUIO K (PPOHTAIBHOMN MIOCKOCTH
MIPOCKIUN.

I < O(D,) || T, (P, || 0x)
®NI=f'5[EF|(f'~® =EF)
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Puc. 6.15

Pa3Beprka

[TonHast pa3BepTka OOKOBOM MOBEPXHOCTH KOHyCa MpEACTaBIsieT cOO0I yroia KpyroBoro
cekTopa. Ee MOXHO MOCTPOUTH ABYMS CIIOCOOAMHU:

1. Haxo:kaeHHe yrjia KPYroBoro ceKropa.

md =la,
nd
a=—-,
I
180°d
o=

rae d — guaMeTp OKpYKHOCTH OCHOBaHHS
KOHYCa,
I — JUTHHA o0pa3yromen.
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2. Cnocod MaJbIX XOpA.

I'pauueckoe nocTpoenue Beanuunbl 70 ocymiecTBiaseTcs CIoco60M MaIbIX XOPI, PH KO-
TOPOM OKPYXHOCTb OCHOBAaHMsI KOHYyca JI€IUTCs Ha 8 WK 12 paBHBIX yacTell M NOJy4YeHHasl JJIMHA
JYTH TIPUPABHUBACTCS €€ XOPJIC.

Pa3priBaTh 0TCEUCHHYIO OOKOBYIO TIOBEPXHOCTH CIIEAYET [0 HanboJiee KOPOTKOW WM JJTUH-
HOW oOpasyromieid, Tak 4ToObl pa3BepTKa MpEACTaBisIa co00i CHMMMETpHuUHYI0 (urypy m Obuia

CAUHBIM LICJIBIM.

Puc. 6.17

6.8. Ilepeceyenue noBepxHocTen

6.8.1. Ilepeceuenue mno202paHHuUKo08

MHoror PAHHHUKHU MIECPECCKAIOTCA MO 3aMKHYTBIM IIPOCTPAHCTBECHHBIM JIOMAHBIM JIMHUAM, KO-
TOPBIC MOT'YT OBITh HalJIeHbI CJICAYIOUM 06pa30M:

1. Cnoco0 pe6ep. Haxoasarcs Touku nepeceyeHus pedep 0AHOr0 MHOTOTpaHHUKA C TPaHsIMHU JIpy-

roro.
2. Cnoco0 rpaneii. Onpenenstorcs 0OTpe3KU NPSMBIX, 10 KOTOPBIM I'PaHH OIHOTO MHOTOTPaHHUKA

MEPECCKAIOTCA C TpaHAMU APYIroro.

[pumep: Ilocmpoums nunuo nepeceueHusi 08yX mMpexepanHblx npusm, 0OHA U3 KOMOPLIX npoeyu-
pyowas.

B pesynbprare mepecedeHus 3aJaHHBIX MHOTOTPAHHHKOB IOJIy4aeTcs JIOMaHas MpOCTpaH-
cTBeHHas JMHUHM. OHa COEIUHIET COOTBETCTBYIOLIME TOYKU IepeceueHus: pedep OIHOr0 MHOIO-
rpaHHMKA C TpaHsMHU JApyroro. Tak Kak OoJHA W3 MPHU3M MPOCUUPYIOIas OTHOCUTENHLHO TOPU30H-
TaJIbHOM MJIOCKOCTH MPOEKIUI, TOPU3OHTAIbHAS IPOEKIIHS JIMHUH NTePECeUEeHUsI COBIAJAET C TOPH-
30HTAJIBHBIM OYEPKOM 3TON NMpU3Mbl. VICKOMBIE TOUKH CEYEHUSI MOXKHO MOJY4YHTh, pellas 3aJady Ha
nepeceueHue npsiMoit (pedpa) ¢ MIOCKOCThIO (TPaHBIO).

dnab=A dnbc=B,
enab=D,enbc=C.
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Jnst MOCTPOCHUST TOUYCK MepeceyeHus: pedpa b ¢ rpaHsIMH IPU3MBI, UCTIONIB3YETCSI TOPU30H-

TaJIbLHO-TIPOELUPYIONIAs IOCKOCTh @

bndg=E.
bneg=F.

a C b g
o | - | -] -
g
* E
! A
e [SP
+[F
g

Puc. 6.18

Jns ompeneneHrs BUAUMOCTU JIMHMM CEYEHUs CTPOUTCS AMArpaMma, Ha KOTOpOM cxema-
TUYHO B NMPOU3BOJIBHBIX pazMepax M300pa)aroTcs IPaHu 3aJlaHHbIX Mpu3M. 3Hakamu "+ u "—" oT-
MeyaeTcsi BUIUMOCTh IpaHell MHOTOTpaHHUKOB. Ha cOOTBEeTCTBYOIUX IpaHsaX U pedpax HaHOCATCA
TOYKHM CEUYEHMS], U COCIUHAIOT UX C YYETOM BUAMMOCTH. BUIMMBIMU CUNTAIOTCS T€ 3BEHbS JTMHHUU

MEPECCUCHU A, KOTOPLIC JIC)KAT HAa BUJUMBIX I'PAHAX obounx MHOTI'OT'PpaHHUKOB.

Jexuua 11

6.8.2. Ilepeceuenue nosepxnocmeii epauieHus

JImanei MEPECCUCHUA HOBerHOCTCfI ABJICTCA TIJIOCKas WM MPOCTPaHCTBCHHAA KpUBasd,

cocTosgniasa u3:

— OJHOTO 3aMKHYTOT'0 KOHTYpa, €CIIM OJHO T€OMETPUYECKOE TEJI0 YACTUYHO BpPE3aeTcs B I0-
BEPXHOCTh JIPYroro;
— pacnajgaeTcsi Ha HECKOJIBKO JIMHUI, €CIIM IOBEPXHOCTH OJTHOT'O TEJA IOJHOCTBHIO TPOHU3BI-

BaeT MOBEPXHOCTH JIPYTOTO0.
PaccMoTpuM ocoObie cirydan rnepecedeHus MOBEPXHOCTEH BpaIleHusI.
[unuHaaprdeckrue, KOHMYECKHUE TOBEPXHOCTH W OJIHOMOJIOCHBIM THUIIEPOOJION BpaIICHUS

OTHOCSITCS K JIMHEHYaThIM [TOBEPXHOCTSIM BpallleHus1 BToporo nopsaka. Chepa, snmuncous Bpaiie-
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HUS, apaboJIou]l BpallleHUsI U JIBYXIIOJIOCHBIA THIEpOOIOn]] BpallleH!s] — HeJINMHeuaTble ToBepX-
HOCTSIM BTOPOT'O MOPSKA.

[ToBepXHOCTH BTOPOIO MOPSIKA — MHOXKECTBO TOUEK ITPOCTPAHCTBA, JIEKAPTOBbIE KOOPAUHA-
ThI KOTOPBIX COOTBETCTBYIOT alire0panueckoMy YpaBHEHHIO BTOPOM cTeneHH .

ax2+by? +cz? +dy+eyz+ frzt gt hy+ jz+k=0.

W3 aHanuTUyecKoil reoMeTpuH U3BECTHO, UYTO MOPSIOK JIUHUU MEPECeYeHUs MOBEPXHOCTEN
paBeH MPOU3BEACHUIO MOPSAIKOB MoBepxHOCTel. [loaToMy B o0miem citydyae ABE MOBEPXHOCTU BTO-
poro nopsinka (KBaJIpUKH) MEPECEKAIOTCs MO MPOCTPAHCTBEHHOW JIMHUU YE€TBEPTOro Mopsaka (0u-
KBaJpaTHOW KPUBOM), KOTOpasi MHOT/Ia pacnaaeTcsl Ha HECKOJIBKO JIMHUM.

B HEKOTOpBIX YaCTHBIX CiIydasX JIMHUS MEPECCUCHUs paclaiaeTcsa Ha JBE IJIOCKUE KPUBbIE
BTOPOTO MOPSAJKA. YCIOBUS, IPU KOTOPHIX 3TO BO3MOXKHO, ONPEIEICHBI B CIEAYIOIIUX TEOpeMax.
3Hast UX, MOXHO OBICTpEe U TOYHEE MOCTPOUTH JIMHUIO TIEPECEUCHHSI TTOBEPXHOCTEH.

Teopema 1:
Ecnu 0se keadpuxu nepecexkaromest no 00Hou

NJIOCKOU KpUBol, mo cyujecmeyem u opyaas
NJIOCKAsl Kpueas, no KOMopou OHU nepeceKka-

TOMCA.

Hanpumep, nuHus nepecedenus cge-
PBI ¥ IIMIITUYECKOTO LIMJIMH/IPA C KPYTOBBIM
OCHOBAaHMEM paclasaercs Ha ABE KOHHUKH —

OKPYXHOCTH (g, q).

Puc. 6.19
Teopema 2:
Ecnu 666 Keadpuxu umeronm Kacasue 6 deyx moy4Kax, mo JUHUA UX nepeceyeHusl pacnada-
emcs Ha 06’6 KOHUKU, nNJ1OCKoOCmu Komopbslx npoxodﬂm uyepes ompes3okK I’lpﬂMOﬁ, Coe()uH}ZIO-

wetl 3mu mouKu.

HOBerHOCTI/I IpsAMOro KpyroBoro nu-
JIMHApA U SJUIMIITUYCCKOTO HUJIMHIApPA C KPY-
TOBBIM OCHOBAaHHUECM HMMCIOT ABC 06]]_[1/16 TOYKHU

kacanus (4, B). CnenoBatensHo, no T2 oHu

MEePECEKAIOTCS M0 IBYM KOHUKAM — OKPY>KHO-
ctu (q) u suncy (Q'), MWIOCKOCTH KOTOPBIX
MEePECEKAIOTCs MO NMPsAMON AB.
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Teopema 3:
Hee coocuvie nogepxHocmu 8pawjeHus nepecekarmcs no OKpPYICHOCMAM-NAPALIENIM,

YUCTIO KOMOPBIX PABHO YUCTY MOYEK nepecedenus 2asHbIX NOLYMEPUOUAHO8 NOBEPXHO-
cmeill.
/ COOCHBIMU HA3BIBAIOTCSI TOBEPXHOCTH, HWMEIOIINE

00LIYI0 OCh BpALICHUSI.
Tak Kak MJIOCKOCTb CEUEHHUs MEPIECHIUKYISIpHA OCH

BpALICHUS |, INHUS CCYCHUS (OKPYIKHOCTD) MPOCIUPYETCS:
— B OKPYXHOCTb Ha IIJIOCKOCTb, INEPHEHIUKYISPHYIO
ocH I,
— B OTPE30K IPSIMON — Ha IUIOCKOCTh, MapaJljIelIbHYIO
ocH I;

Puc. 6.21 — B JJUIMIIC — Ha J'IIO6YIO APYTYIO IINIOCKOCTD.

OTH 0COOEHHOCTH COOCHBIX IMOBEPXHOCTEH BPAIICHHSI TIO3BOJISIOT HCIIOJIB30BATh MX, B YaCT-
HOCTH c(epy, B Ka4eCcTBE MOCPEAHUKOB TPU IMOCTPOSHHUH JIMHUY MEPECEUCHUs IOBEPXHOCTEN Bpa-
mieHust. JIro0ast MoBEpXHOCTh BPAIIEHUSI, OCh KOTOPOW MPOXOIUT Yepe3 IEHTP cepbl, COOCHA C HEH
U, CJIEZI0BATEIBHO, IEPECEKAET €€ 110 OKPY>KHOCTH.

Teopema 4 (Teopema MoHxKa):

Ecnu 0se nosepxnocmu émopoco nopsoka (K6adpuku) onucanvl 60Kpye mpemvel K8aopu-
KU, MO OHU NEPeceKkaromcs no 08yM NIOCKUM KPUBLIM 8MOPO20 NOPAOKA (KOHUKAM).

B cooTtBercTBUM € 3TON TEOPEMOM, JIH-

HHHU ICPECCUCHUSA HOBerHOCTCﬁ, OIIMCaHHBIX

oKO0JIO c(ephl, OYAYT MIOCKUMU KPUBBIMH —
AITUTICAMH.

Puc. 6.22
[TocTtpoeHne MMHMU HEpeceueHHs] MOBEPXHOCTEH BpallleHUs B 00LIeM cJydae BeJEeTCs C

MTOMOIIBIO JTOTIOJTHUTEIHHBIX CEKYIIUX MMOBEPXHOCTEH, B KA4eCTBE KOTOPBIX MOTYT OBITh MCITOB30-
BaHBI TJIOCKOCTH WIH C(HEpPHI.

Cexyime TOBEpPXHOCTH BBIOMPAIOTCS TAKUM 00pa3oM, YTOOBI C 3aJaHHBIMUA TIOBEPXHOCTSIMH
OHU TMEPECEKATUCH IO JUHUSM, JIETKO omnpenensemMbiM Ha KY.

Yrto6b! TOCTPOUTH JIMHHUIO NTepeceueHus nosepxHocteil Ha KY, Heobxoaumo:
1. BBectu psja BCOMOTraTeIbHBIX TUIOCKOCTEH MM cdep, MepeceKarmmx 00€ 3aaHHbIe TTOBEPX-
HOCTH.
2. TlocTpouTh JIMHHIO IEPECEUCHUS KAXKIO0W 3aJaHHON TTOBEPXHOCTH CO BCITIOMOTATEILHOM.
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3. B Mecrte nmepecedyeHuss MOCTPOCHHBIX TaKUM 00Pa3oOM JIMHUHM ONMpPENeNuTh TOYKH MCKOMOMW JIH-
HUHU B3aUMHOT'O [IEPECCUCHMUS.
4. CoenuHUTH MOTYYEHHBIC TOUKHU MEPECceUeHUs] MEXIy co00i C yd4eTOM BUAUMOCTHU JIMHUU CeYe-

HH.

CHOCO6 HaxXOXXIACHUA JIMHUHU IIEPCCCUCHHA C TTIOMOIIBIO JOMOJIHUTCIbHBIX MIOCKOCTEHN Ha3bI-
BaeTCs CMOCOOOM CeKYIIUX IUIOCKOCTel, a HaXxOXXJICHHE JIMHUU CEYCHHs C MOMOIIBIO JTOMOIHU-
TEIbHBIX chep — cmocodom cexkyuiux cdep.

Kakum Obl cioco6oM He MPOU3BOIMIOCH HAXOKICHHE JTMHUU TIEPECeUeHHUs], €€ TOCTPOCHUE
HAYMHAETCS C OMpeeNICHUs] XapaKTePHBIX TOYEK CEUCHHUS, a 3aTeM OMPEIEIIAIOTCS MPOMEKYTOUHBIE
TOYKH, HEOOXOIUMBIE JUIsl TOYHOCTH IMOCTPOSHUS IMHUU MePECceUeHUs.

K xapakTepHBIM TOYKaM JIMHHUM IIEPECCUCHHS OTHOCSITCS.

1. ToukM, MPOEKIMH KOTOPBIX JIEKAT Ha MPOEKIUAX KOHTYPHBIX 00pa3yromux (o4yepkax) 3agaH-
HBIX TTOBEPXHOCTEI;
2. «kpaifHHe» TOYKU — IIPaBbI€ U JIEBbIE, HAMBBICIINE U HAMHU3ILIKE, ONukKailiive u Haubonee yaa-

JICHHBIC.
6.8.2.1. Cnocob cexywux niockocmeti

OOBIYHO B KauecTBE CEKYLIUX IUIOCKOCTEH MCHOJB3YIOTCS IJIOCKOCTU YPOBHS, T.K. JTMHHUH
[IEPECEUECHUS UX C 3aJaHHBIMU [TOBEPXHOCTSIMH IPOELUPYIOTCS HA IUIOCKOCTh IMPOEKLIUN 0€3 ncKa-
*eHus. Takke B HEKOTOPBIX CIIy4asiX UCIOJIB3YIOTCS U IPOCUHUPYIOIIUE TUNIOCKOCTH.

OTOT croco0 MPUMEHSIOT TOT/AA, KOTAA JOMOJHUTENbHbIE IIJIOCKOCTH PACCEKAIOT 3a/laHHbIE
MOBEPXHOCTHU MO OKPYXHOCTAM-TIapAJUIIEIIAM WIH MPSMBIM-00pa3yIoIIHM.

Ipumep: Ilocmpoums aunuio nepeceuenus: Kpy208020 KOHyca u cghepol.

5
/7?' /4; //_

(e 6 /o X
— & / [.
I //1550' J

/

//

B_?

Puc. 6.23
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Konyc u cdepa nmeror o6uryro miockocts cummerpun O(D; ), napamensuyio ¢pponrans-

HOM IJIOCKOCTH MPOEKIIU, C TOMOIIbIO KOTOPOM HAXOASITCS BBICIIAS U HU3IIAS TOYKH JIMHUM Ceye-
HUSL A 1 B. DTa IOCKOCTh MepeceKaeT KOHYC Mo 0YepKOBbIM oOpa3yroumM |, a chepy — no rias-
HOMY MepuuaHy m.

O0e mNOBEpXHOCTU cOJepkKaT CEMEICTBO Mapajuiesei, mapauieIbHbIX TOPU30HTAIBHOM
IJIOCKOCTH MPOEKIUH, TIOATOMY OCTaJIbHbIE TOUKU JIMHUHM CEYEHUsI HEOOXOIMMO HAXOAUTH C IIOMO-
I[bI0 TOPU3OHTAIIBHBIX INIOCKOCTEN YPOBHSI.

Touku C u D, nexamme Ha TpaHUIEe BHIUMOCTH, HAXOAATCS C IOMOIIBIO IUIOCKOCTH
['(T,), mpoxonsueit uepes sxkBatop ceprl. DTa IIOCKOCTb, B CBOK OYEPEIb, IEPECEKAET KOHYC

110 MapaJiienu N paauyca r.

6.8.2.2. Cnocob cexywux KoHyeHmpuieckux cgep

[Tpumenenne chep B KaueCcTBE MOBEPXHOCTEH-MIOCPETHUKOB OCHOBAHO Ha TEOpPEME O JIBYX

COOCHBIX IMTOBEPXHOCTSIX BpaIICHUSI.
CJaeacTBue 3TOI TEOPEMBI:

Cdghepa, yenmp xomopoti nexcum Ha ocu NOBEPXHOCMU 8PAUjeHUsl, NepeceKaemcs ¢ no-

ClleOHell N0 OKPYIHCHOCTISIM.

JInHus MEepeCCUCHU C(I)epbl C MMOBCPXHOCTBIO MPOCHUPYETCH HA OAHY U3 IUIOCKOCTEH IMPpOCK-

LU B BUJE OTPE3KOB, a HA IPYT'yI0 — B BUJIE OKPYKHOCTH.

DTOT CcIIocod MOXKET OBITh HCIIOJIB30-
BaH JIMIIb MPH OJAHOBPEMEHHOM BBIMIOJIHE-
HUU TpeX YCIOBUI:

1. Tlepecekaromuecsi TMOBEPXHOCTH —
MTOBEPXHOCTHU BpaILlEHUS.

2. OcH MOBEpXHOCTEN NepeceKaroTCsl.
3. TloBepxHOCTH MMEIOT OOIIYIO IJIOC-
KOCTb CHUMMETpPUH, NapauIEIbHYIO

OJHOM U3 IUIOCKOCTEN POECKIIUH.

Puc. 6.24.
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[pumep: Ilocmpoums aunuro nepeceyeHuss KOHyca u YuruHopd.

IIpn pemeHnn 5TOM 3agadyu CHadajla

(9]

CTpouTcsi (ppoOHTANBHAS MPOCKIUS JIMHUU Tie-
pecedeHus, T.K. 00Ias MIOCKOCTh CUMMETPUH
MOBEPXHOCTEH  MapajuienbHa  (PPOHTAIBHOM
IJIOCKOCTH MPOCKLUM. 4

«KpaiiHue» TOYKH CEUYECHHS — BBICIIAS U 2 1Q

Hu3mas, Onmkaiimas u HauOoliee yHaleHHas V. Er_‘ ﬂ\/

TOYKH (TO‘-IKI/I, JIC)KAIMEC Ha IpaHUC BUIUMO- / [ 0

CTH OTHOCHUTCIIBHO FOpH3OHT3,JIbHOfI IIJIOCKOCTH

MIPOCKIIMI) OMPEACIAIOTCS ¢ MOMOIIBIO TIJI0C- B, K
KOCTEHN ypOBHSI.

IIpoMeXyTOUHBIE TOYKU CEYEHHUsI HaXO-
ISITCA C TIOMOUIBIO CEKyIIUX cdep, HMEHTP KO-

TOPBIX pacroJara€rcda B TOYKEC IICPCCCUCHUA

it

oceil Bpamenusi mosepxHocteir. Chepa MUHH-

MaJbHOI'O pajguyca MPOBOAUTCA TaK, YTOOBI

OHa KacajlaCh OJHOH MOBEPXHOCTH, a BTOPYIO
nepecekana. Cekymme chepbl COOCHBI C TIO-

BCPXHOCTAMU KOHYCAa M LUIMHApPA, a CJICA0BA-
TCJIBHO, MICPECCKAIOT UX I10 IMapaJlJICIAaM.

Puc. 6.25

6.8.2.2. Cnocob cexywux sxcyeHmpuseckux cghep
MGTO,[[ CCKYHIUX JKCIHCHTPHUYCCKUX C(I)ep MOXET OBITh NPHUMCHCH IIpU CO6J'IIOI[CHI/II/I ciaeny-
IOLLUX YCIIOBUM:
1. O,Z[Ha U3 MEPCCCKAOIUXCA HOBerHOCTCﬁ OUKIIMYECKasd, BTOPAsa — MOBEPXHOCThb BPAILICHU.

2. TloBepXHOCTH JTOJKHBI UMETH OOIIYIO MJIOCKOCTh CUMMETPUH, MapaIeIbHYI0 OJTHOM U3 II0C-
KOCTEH MPOCKIUN.

CyIIHOCTh METO/a 3aKJII0YaeTCsl B CIeAyIoleM: moaoupaercs cdepa, mepecekaromas ooe
3aJJaHHBIC TOBEPXHOCTHU TI0 OKPYKHOCTSAM. TOUKH TIEpeceUeHMsI STUX OKPYKHOCTEH OYyT SIBISIThCS
MCKOMBIMH TOYKaMH JINHUH CCUCHHUSI.

H[}I/IMC[ZZ Hocmpoumb JUHUIO nepecevyerHusl 3aKpoblmoco mopa ¢ OmMKpoblmMsvlM mMmopom.

3amaHHBIe IOBEPXHOCTH pacmoiarartces Tak, uto ux ocu | LI1;, J L1I,, a dponTansHas

IIJIOCKOCTh CD((D]_) ABJICTCA TJIIOCKOCTbHO CUMMCETPHUH. C MOMOIIBIO 3TOH INIOCKOCTH HaXOIATCS

BbICIIasA U HU3IIasA TOYKHU CCUCHMUA.
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Puc. 6.26

Jnist ocTpoeHus MPOMEKYTOUHBIX TOYEK HEOOXOIUMO HYepe3 OCh Topa MPOBECTH (PPOHTAIBHO-
MIPOCLIMPYIOIIYIO IIOCKOCTh, IEPECEKAIOIIYIO TOP 10 OKpy>kHOCTH 1-1"

J CA(Az) L I1,,
ANP';=1-1"

O — LUEHTp CeYEeHHs TOPa, U3 KOTOPOTO CTPOUTCS TIEPIEHAUKYISp K mockoctd A . Ha nepe-
CEUYEHHH 3TOTO MEPIECHANKYISPa C OCBI0 BTOPOTO TOPa | HAXOUTCS LICHTP MEPBOM ceKyIeil chepbl.

Pagunyc chepsl mogOupaercst TakuM 00pa3oM, YTOObI OHa Nepecekyia Top Mo OKpykHocTH 1-1,
R = ‘1, O‘

[Tonyuennas cepa mepecekaer Top no mapamienu 2-2'. Ha mepecedeHnH IBYX OKpPYKHO-
creit HaxosaTes uckomele Touk Cu C.

OcTanabHbIC TOUYKH HaxoadaTCsa aHaJJOTM4YHO.

Jexkuusa 12

7. AKCOHOMETPUYECKHUE U3OBPAKEHUA

[Tpu pa3paboTke MPOEKTHO-KOHCTPYKTOPCKOM TOKYMEHTALUU, HAapsy ¢ OPTOTOHAIbHBIMU
MPOEKIUAMH, MPUMEHSIOTCS aKCOHOMETpUYECKHe. DTH H300pakeHUs, ¢ OJHOM CTOPOHBI, MpO-
CTPAHCTBEHHO HArJSAHBI, C JPYTOH — JAIOT BO3MOYKHOCTb U3MEPEHHUN.

CyIHOCT aKCOHOMETPUYECKOIO IPOEIUPOBAHUS 3aKI0YAeTCd B TOM, UYTO T€OMETpUYE-
CKUIl 00BEKT, OPUEHTHUPOBAHHBIN ONpeIEeICHHBIM 00pa30M OTHOCHTEIBHO OPTOTOHAIBHON CHCTEMBI
IJIOCKOCTEN MPOEKUUNA, TPOEUUPYETCS BMECTE C OCSIMHU MPOEKIUN HA HOBYIO INIOCKOCTh, Ha3bIBAE-
MYI0 AKCOHOMETPHYECKOM UM KApTUHHOM. B pe3ynbrare 3TOro npoenrupoBaHus I0Iy4aeTcs Ol-
Ha aKCOHOMETPHUYECKAst MPOCKIINs (AKCOHOMETPHS).
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7.1. IlpuHIUII AKCOHOMETPHUYECKOT0 MPOCIUPOBAHUSA

Bo3bMeM B mpocTpaHCTBE MPSIMOYTOJIbHYIO cUcTeMy KoopauHat 0XyZ u TOuky A, cBsi3aH-
HYI0 ¢ 3Toi cucteMoil. CripoenupyeM 3Ty TOYKY IO HANpaBiICHUIO S Ha KapTHUHHYIO IJIOCKOCTh

IT.

Az >
~ /JZ,
7 0" x'
A ;
z/ 4s 0'y' ¢ akconomerpuueckue ocu
B
0 0'z
e A’
A~ Ay
X ) 74
A <z
11
¥

Puc. 7.1

[Tpu mpoeurpoBaHUM HAa KapTUHHYIO IUIOCKOCTh MPOUCXOJUT MCKAaXKEHHE OTPE3KOB, Ia-
paJIENBbHBIX OCAM MPOEKUM. Mepoil 3TOro UCKaKEeHUS SIBIIIOTCS KOIhhunyuenmaul uckarcenus —

omHowenue OJIUHbl ompes3Ka, napajilejlbHoco0 aAKCOHOMempudeCKum ocim, K e2o Hamypaﬂbﬁod 6e-
JUYUHE.

Ay 04, -

X = = — K03 PUIUEHT UCKaKkeHus 1o ocu ()X,
A4, 04,

o A, 04, o

y = = — K03 GUIUEHT UCKaKkeHus 1o ocu 'y’
AA2 OAy

( Ay _04, .

;7 = = — K03 PUIUEHT UCKaKkeHus 1o ocu (0’2,
A4, 04,

7.2. Buibl aKCOHOMETPUYECKUX MPOEeKIUIA
B 3aBHCHMOCTH OT HaIpaBIICHUS MPOCIUPOBAHUS (S) aKCOHOMETPHUSCKHE IMPOCKITUH TI0]1-
pa3IeNsIoTCs Ha:
1) npsmoyromsusie (S 1L ITY);
2) xocoyrombusle (S £ IT').
Kaxapiil u3 3TUX BUAOB NPOCKIUNA IETUTCS HA TPHU BUJA:
1. M3zomerpusi — K0>)PUIMEHTHI HCKAKEHHI O BCEM OCAM OJMHAKOBBL.
K, =K, =K,
2. Jumetpus — K03 UIMEHTH UCKAKEHHUH 10 TBYM OCSIM OJIMHAKOBBHI.

Ky =K, # K, —ropuzonransnas mnverpus
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Ky =K, # K, — dponransuas numerpus
K, =K, # K, —npodunbnas numerpus
3. Tpumerpus — K03QPUIHEHTH HCKAKEHHUI 110 TPEM OCAM PA3ITHYHBL.
Ky =K, #K,.

CTaHmapTHRIMH aKCOHOMETPHUYECKUMH H300PaXKCHHUSIMU SIBIISIOTCS MPSIMOYTOJIBHBIC H30-
METpUS ¥ TUMETPHS, a TAK)KE KOCOYrobHbIC (PPOHTAIBHAS U TOPU30HTAIIbHAS H30METPUH U (HPOH-
tanpHast gumetpust (OCT 2.317-69).

7.3. CBs13b Mekay K0O3QGUIMEHTAMHA UCKAKEHU I

Teopema:
CyMMCl Keadpamoe K03¢¢Muu€Hm06 uCKa.?fceHuZZ ecmb eejludYuHa NOCMOsAHHAA U He 3a6uU-

CAWAsA ont NOJIOIAHCERUS OPNMOCOHAIbHbBLX niockocmei npoekuud.
2 2 2 _
Ky + K, + K7 =const.

[TycTh 1BE OPTOrOHATBLHBIE OCH MPOEKIU COBIAIAIOT C aKCOHOMETPHUIECKOH MIIOCKOCTBIO.
CrpoerpyeM TPeThiO OCh Ha 3TY IDIOCKOCTH 0 HATPABJICHUIO S.

K,=K, =1, 5 z
0z'
K, =—=ctgo,

‘0z J -
Ki+K;+K;=1+1+ctgow=2+ctgo. @ k
TAC @ — yrojl MCxKAy HallpaBJICHUCM HPOCIU- £ 050/

LT

POBaHMS U KAPTHHHOM IIOCKOCTBIO. x=x'

Puc. 7.2
7.4. KodpPpunueHThl HCKAKEHUI NPAMOYT0JIbHON AaKCOHOMETPHUH

[Tpn @=90° ctgw =0, rorma

Ki+K,+K2=2.

Kosdpuuuents! nsmensrores B auanazone 0 < K <1.
K =0 — akconomeTpuueckas miockocTh HEPIEHIMKY/IAPHA KaKOH-THO0 OCH.
K =1 — akconoMerpuueckas MIOCKOCTh MapajuieibHa KaKoM-TM00 OCH, TOTJa aKCOHOMETpHYE-
CKasl POEKIIMS MPEBPAIAETCSA B OPTONOHAIBHYIO.

AKCOHOMETpUYECKHE MPOEKIUU HE MOTYT OBbITh B3SIThI MAPAJUIEIBLHO WX MEPIEHIUKYIIAP-
HO OCSIM MPOEKIIM, a KAPTUHHAS IUNIOCKOCTh JOJDKHA IIEPECEKATh BCE TPU TUIOCKOCTH MPOEKIIUM.

IIpsiMmoyToabHAsI N30METPHUS

B momerpun K, = Ky =K, =K, roraa ypaBaenue cBsi3u kooQQUINCHTOB HMEET BUJ

3K? =2,
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Taxkum 00pa3oM, B MPSAMOYTOJbHOW U30METPUUYECKON MPOEKIMU KO3 PUIIMEHTHI HCKaXxe-
HUS 110 BCEM TPEM OCSIM paBHBI

K= g=0,82.
3

IIpamoyronasHas d)DOHTaJ'IBHaH AUMCTPUA

B crannaprroit aumerpun npunnmator K, =K, =K, a K = 0,5K.

iz0,94.

K% +(05K)* +K?=2, 2,25K?=2, K
2,25

CrnenoBarenbHO, B PSAMOYTOJIbHOW (PPOHTANBHONW TUMETPHH KOA(P(PUIIMEHTHI NCKAKCHHS
10 OCSIM PaBHBI:

Ky ~0,94, K, ~0,94, K, ~0,47.

7.5. IllpuBeaeHHbIe KOIPPUIUEHTHI HCKAKECHUS

Ha npakrtuke, B LeJsIX COKpPALICHUs BBIYHUCICHUH, PEKOMEHYeTCsl 0JIb30BaThCs MpHUBeE-
JEHHBIMU KOd((QHIMEHTaMH MCKaxeHui. [Ipu 3ToM u3006paxenue cTpouThes B Macmrabe M:l,
rae ko3dduuueHT M Ha3biBaeTcd KO3((UIMEHTOM NpPHBeJeHHs, & AKCOHOMETPHs Ha3bIBaeTCs

NMPAKTHYECKOW WK NPUBEACHHOM.

IIpsiMmoyTOabHASI N30METPHUS

K,=K, =K, =K, =1,
m=l_1 12
K 0,82

CrnenoBarenbHO, B IPUBEJCHHON H30METPUH H300paskeHHe yBeauueHo B 1,22 pasa.

Ocu n30MeTpruYecKOr MPOEKIIMU paclonararTcs noj yriom 120° npyr k apyry.

IIpssmoyronbHast GhpOHTAIBEHAS TUMETPUSI

X z np

K, =05K,, =05,

m=> = _106.
K 0,94

KocovronsHas dpoHTAIbHAS IUMETPHUS

B xocoyronbHOl QpoHTaNBbHON qUMeTpuu (KaOMHETHAsI MPOEKIHs) KapTHHHAS TUIOCKOCTh
pacrionaraercsi napaieNlbHo GpoHTaIbHOH TuIockocTH X0z, a HampaBlieHHE TPOCIUPOBAHUS BHIOH-
paroT Tak, 4to ko3¢ unueHt uckaxenus mo ocu 0y pasen 0,5. [ToaToMy B KOCOYTOJIBHON aKCOHO-
METpPUH HET HEOOXOJUMOCTH UCIOIb30BATh PUBEAECHHBIE KOI()(DULIMEHTHI HUCKAKEHMSL.
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7.6. Yribl MexKay akCOHOMeTpru4YecKuMH ocsimu. IlocTpoenue
AKCOHOMETPHYECKHUX MPOCKIUI reOMeTPUIECKHUX IJIeMEHTOB

NDANOYZOMBHAT UIOMEMPUS npArayzoHas Auempus
7 P
o <?:J)"
& {
0/ Il 1 1 1 5 5 | | IW] Il | | | ] | Il | | il il g
i 0 o Y 7__ { \
X 7 }// N
KOCOY20mHag durempus 1
z 7 J
o
0 .
&
y
Puc. 7.3
Jns mocTpoeHus: akCOHOMETpHUYe- Yy z
CKOM TPOEKIMU TOYKH TPU 3aJ[aHHOM DI

HaIpaBJICHUU AKCOHOMCTPUUYCCKHUX oceit

HEO0OXOIMMO OTJIOKWUTh Ha HHUX JIE€HCTBH-

A
X X
TeJIbHBIE KOOPANHATHI TOH TOUKH C YIETOM
K09 HUITHEHTOB HCKAKECHUIA: ] A
1 1
Xa=K,xy, YA=K, Y4 4

Z,=K_z,.
A z24 Puc. 7.4

PaccMoTpuM mocTpoeHHE aKCOHOMETPUUYECKHUX H300pakeHUN OKpPYKHOCTEH, pacrmono-
JKCHHBIX B IIJIOCKOCTAX HpOGKHHfI.
Ecnu B miockocTy mpOeKUMd WM MApAIJIEIbHOM €M IIOCKOCTH PacIojiaraeTcs OKpYK-
HOCTb, TO Ha KAPTUHHYIO IUIOCKOCTh OHA CIPOEIUPYETCS OPTOTOHAIBHO B BUJE AJUIUIICA.
NpAMOYZ0TLHAT UIOHEMPUT

7|

Ilpoexyueit  okpysxcHocmu, napanieibHou
NJIOCKOCMU NPOEKYUll, 8 OPMOSOHATLHOU aK-
coHOMempuU ABNIAEMCs IIUNC, OOIbUASL OCb

KOMOpo2o NepneHOUKyIsIpHaA  «C80O0OHOU)

AKCOHOMEMPUYECKOU OCU, d MANdsl — CO8NA-
oaem ¢ Ymoil 0cwio.
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NPAMOYZ0/T6Haq ﬁU/"/E’/ﬂ,Ul/f?

0% (1d

0471054

08810 9%/d
X 4 _é—{/dﬁ
0330354

1106/d

Puc. 7.6

KOCOY20M6Hag GuMempus

Puc. 7.7

Ha pucynkax 7.8 u 7.9 npuBeeHsl IpUMEPHI IOCTPOCHUS TPAKTUUECKON IPSIMOYTOJIbHOM
WU30METPUHU U IIPAKTUYECKOHN NPSMOYIOJIbHOW U KOCOYTOJIBHOM IUMETPUH LIUIUHAPUYECKON AeTaIu

C IPAMOYTOJIbHBIM BBIPC30M.

z) Z Yeobou macwmad 1z
7 §< b0 =1220 071
MO =4710 '
X ‘ ™
=1 N
X" J
X g qr 10
- Henpabrewue wmpuxobry
YembepmHozo pazpesan
1
Az |2
X x=l,
3 -
yZ
Hanpabrexue wmpuxobku [P— 5 106 b0 =1060
vembepmuozo Bepesa eAaLaY MacLma 0% MO = 0% D

a5

)2

10

Puc. 7.9
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